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©OEMA A
A1. ‘Eotw pia ouvaptnon f mapaywyioiyn oe éva diaotnua (a,B), ue
egaipeon fowg éva onpeio Tou X,, 010 OoTOi0 dpwg n f eivar ouvexng.

Av f'(x)>0 oT1o (a,X,) ka1 f'(X) <0 oT1o (X,,B), 16T va amodeigeTe OTI
10 f(X,) €ivar Tomikd péyioto Tng f
Movadeg 7
A2. ote duo ouvapthoeig f, g Aéyovral ioeg;

Movdadeg 4

A3. Na diatuTtwoeTe 70 Bewpnua Péong TIWAG Tou dl1a@opIkoU AoyiouoU Kal
VO TO EPUNVEUCETE YEWMETPIKA.
Movdadeg 4

Ad4. Na xapakrnpicere T1I¢C TPOTACEIC TOU akoAouBouv, ypdeovra¢ OTo
TeTpadié oag, OimAa oT0 ypduua TTOU AVTIOTOIXEI O KABe mpoTaon, 1
Aéén ZwoTo, av n mporaon givar ocwarn, H Aalog, av n mpdraon Eivai
AavBaouévn.

a) MNa «kd&Be ouvexy ouvaptnon f:[a,B]->R av G eivar uia

B
mapdayouoa 1ng f oto [a,B], T6Te TO J‘ f(t)dt = G(a) - G(B).-

B) Av o1 ouvaptioeig f,g éxouv 6pio oTo X, kai 1oxvel f(x)<g(x)
KOvTa o1o X,, 16TE lim f(x) < lim g(x) .
X X—Xg

—>Xo

y) Kd&be ouvaptnon f, yia tnv omoia 1oxver f(x)=0 yia kabe
X € (a,X,) U (X,,B), €ival otabepn o1o (a,X,) U (X,,B)-

8) Mia ouvaptnon f eivar 1-1, av kar yoévo av, yia kGBe oToIXeio y TOU
ouvéAou TIHWV TNnG, n egiowon y="F(x) éxel akpIBwg pia Alon wg

MPOG X.
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g) Av n f eivar ouvexig oto [a,B], tote n f maipver oto [a,B] wia
MEYIOTN TIPA M kai pia eAdxioTn TIiyR m.
Movadeg 10
©OEMA B

2

Aivetal n ouvaptnon f(x) = » xelR.

x? +1

B1. Na Bpeite ta diaotAuata ota omoia n f eivar yvnoiwg atfouoa, ta
diaoTApaTa ota omoia n f givar yvnoiwg ¢Bivouoa kal Ta akpdtara 1ng f.

Movadeg 6

B2. Na Bpeite Ta diacTApata ota otmoia n f eival kupth, Ta dlAacTAPATA OTA
omoia n f eivar koiAn kol va TpocdiopiceTe TA onueia KAUTAS TNG
YPA®IKAG TNG TTapAdoTAONG.

Movdadeg 9

B3. Na BpeBouv ol acUPTITWTES TNG YPAPIKAS TTapdoTaong Tn¢ f.

Movdadeg 7

B4. Me Bdon 1 ammaviioeig oag ota epwTthpata B1, B2, B3 va oxedidoeTe Tn
ypa@ikf TapacTtaon ¢ ocuvaptnong f.

(H ypa@ikn TapdoTaon va oXedlaoTEl e OTUAOD)
Movdadeg 3

OEMAT

2
M. Na AGoete Tnv e€iowon € —x*=1=0, xeR.
Movadeg 4

F2. Na Bpeite 60Aeg TIg cuvexeic ouvapTtioeic f: R — R mou Ikavomololv Tnv
2 2
oxéan fZ(X)=(eX —X2—1) yia kG8e xeR kai va aitiohoynoete 1nv

atmdvrnon oag.
Movdadeg 8

2
r3. Avf(x)=e* —x*-1, xeR, va amodeixbei 611 n f €ival kupTA.

Movadeg 4

r4. Av f civai n ouvaptnon tou gpwtriparog M3, va AuBsei n eiowoan:

f(Inux| +3) = f(Inux|) = f(x+3) =f(x)

6tav X €[0,+).
Movadeg 9
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OEMA A
Aivetal ouvaptnon f opiopévn kai dUo Popég TTapaywyioiyn aTo R, ME OUVEXA
0elTEPN TTAPAYWYO, YIa TNV oTroia IoxUEl OTI:

A1,

A2,

A3.

A4.

m

. j' (F(x)+ " (x))nux dx = 0

0

e f(R)=R kai Iimm=1

x—0 r]px

. ef(x)+x=f(f(x))+e" yia kGoe xe R.

Na dei€ete 611 f(TT) = T (Movadeg 4) kai f'(0)=1 (uovadeg 3).
Movadeg 7

a) Na deifete 611 n f dev mapouoialer akpotata oto R. (povadeg 4)

B) Na deitete 611 n f gival yvnoiwg avfouoca oto R. (novadeg 2)

Movdadeg 6
. . NUX+OUVX )

Na Bpeite To  lim ——. Movadeg 6

xovo  f(X)
e'lT
f(Inx

Na deigete 011 0 < I udX < . Movadeg 6

X

1

OAHIIEZX (via Toug e€eTalopévoug)

210 £§W@UAAO TOU TeTpadiou va ypdaywete TO €feTalOpeEvo paAbnua. XTo
EOWPUAAO TTAVW-TTAVW VO CUUTTANPWOETE TA ATOMIKA OToIXeEia padnTth.
ZTnVv apXn TWV AMAVTACEWY 0OG VO YPAWETE TAVW-TTAVW TNV nUeEpopnvia
Kal 1o €geTaldépuevo pabnua. Na pnv avriypdyete 1a Bépyata oto TETPAdIO
KOl vo 4N YPAWeTE TTOUBEVA OTIG ATTAVTHOEIG 0OOG TO OVOPA 0QG.

Na ypdyete TO OVOMUATETTWVUMO 0AG OTO TTAVW MEPOG TWV QWTOAVTIYPAQWV
auéowG MOAIG oag TTapadoBoulv. TuXxov onuelwoel§ oag Tavw oTa Bépata dev
0a BaBpoAoynbouv oe kapia wmepimTwon. Kard tnv amoxwpenorn oag va
TOPAdWOETE PHOCi e TO TETPADIO KAI TA PWTOAVTiypAQPA.

Na ammavTAoeTe 0TO TETPASIO 0ag 0¢ OAa Ta Bépyata pMOvo pe PTTAe 4 pévo
ME MAUPO OTUAG pe peAdavi Tou Oev ofnvel. MoAUBI emiTpémmeTal, yo6vo av 10
{nTdel n ekewvNon, Kal HOVO yia TTiVAKESG, O1AYyPAPPATA KATT.

Kd&Be amdvinon €mMICTNUOVIKA TEKUNPIWHEVN €ival aTTOdEKTH.

Aldpkera e€étaong: Tpeig (3) WPeG PETA TN SIAVOUN TWV QWTOAVTIYPAQWV.
Xpovog duvatng ammoxwpnong: 10.00 ..

2AZ EYXOMAZTE KAAH ENITYXIA
TEAOZ MHNYMATOZ





