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AIIOAYTHPIEX EEETAXEIX I'" TAEHX
HMEPHXIIOY 'ENIKOY AYKEIOY
IMEMIITH 24 MATIOY 2007
EEETAZOMENO MAOGHMA: MAGHMATIKA
OETIKHYX KAI TEXNOAOTIKHX KATEYOYNIHX
LYNOAO ZEAIAQN: IENTE (5)

OEMA 1°
Al Avz,, z,etvalr uryadinot aplBuot, va amoderybet oTL:
2125 =24 |z5].

Movadec 8

A.2 TIéte dvo ovvaptioelc f, g Aéyovtal (Oeg;
Movadec 4

A.3 TI6te m gvBela y = ¢/ Aéyetal 0oLlovTia ALOVUTTOTY TNC
Yyoa@Lxne mapdotaons tns f oto +oo;
Movadec 3

B. Na yoapaxtnoioete TI TOOTAOELS mOV ax0AovBouv,
YOAQoOVTaS OTO TETPAOLO oag OimAa OTO Yoduuo mTOv
avTLOTOLYXEL O xAOe mpotaon, t™n AEEn Xwoto, av n
Tootaon egivar owotn, 1 AdBog, av n mootaon eivail
AavOoouévn.

a. Av f ovvdptnon ovveyng oto draoctnua [a,f] ®xat yia
®na0e xela, B] voyvel f(x) > 0 td1e jgf(x) dx>0.

Movaodeg 2

B. 'Eotw f uia ovvdptnon ovveyng oe éva diaoctnua A

®OL TOQAYWYlOLUwn 0 ®AOe eCWTEQLRO ONUELO X TOV

A. Av n ovvdoptnon f eivar yvnoimeg avEovoa oto A
1dte f'(x) > 0 0g nGOe eomwteQLRS oNueio X Tov A.

Movadeg 2
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v. Av m ovvaptnon f elvar ovveyng o0To Xy %Ol 1
OUVAQTNON & €LVl OVVEYNS OTO Xy, TOTE 1 OVVOEON
Tovg gof elval oVVEYNC OTO X|.

Movadeg 2

0. Av felvar uia ovveyng ocvvaptnon oc €va dLtdotnua A
®oL o €ival €va onueto tov A, 101E

(7% 1ty o) =£(g(x))- 9’ ¥

ue v meouUmdBbeon OTL TA  YONOLUWOTOLOVUEVQ
ovupfoia €xovv vonua.

Movadeg 2
e. Ava>116te lim o*=0.
X—>—
Movadeg 2
OEMA 2°
Atvetal o uryadirog apbuocg
Z= 2+a! ue aelR.
o+ 2l

a. Noa amodelyBel dtL M e1xéva TOV wLyadL®ov z AVXEL OTOV
nUrho ue vévrpo O(0,0) nat artiva o =1.

Movdaodec 9

B. 'Eotw z, z, oL utyadirol Tov mwporVmTovV atd 1oV TVTO

2+al
Z= :
o+ 2l

vio o =0xn0aL o =2 aviiotolya.

i. Noa Pfoefel 1 amdotaon TOV EXOVOV TOV ULYOILLDV
aplumy z; nat z,.

Movdaodec 8
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ii. Noa amoderyBel otL LoyveL:

(2)% =(-2,)"

yia ®x6.0e ouowro aplbud v.
Movdaodec 8

OEMA 3°

Ailvetalr n cvvaptnon:

f(x) = x> - 3x - 2nu’0

omov BelR ura otaBepd ne B # »nmw + g, nel.

a.

No amodelyBel otL m f mapovoldlel €éva tomixd uéyLoto,
EVa TOTILXO EAAYLOTO ROl €va ONUELO XRAUTNHC.
Movaodeg 7

No amodeirybel dtv n e€Elomon f(x) = 0 €yer axnpfdc ToELg

moayuwatTiréc pilec.
Movdaodec 8

AV X, X, €lval oL B€0ELC TOV TOTMLRMOV AXQOTATWOV ROl X3
N 0éon Tov onuetov naunnc tme f, va amoderybel 611 TR
onuela  A(xy, f(x1)), B(xy, f(x2)) xoav  I(xs, f(x3))
BoloxovtoL otnv evBela y = -2x -2nu’6.

Movadeg 3

No vmoAoyiwoBet 10 eupaddév TOov YwElov mWoOV
meEQLUAElETAL OO TN  YOO@LXY) TOAQAOTOON  TNC
ovvaoptnone f xot tnv evbeia y = -2x -2nu’o.

Movadeg 7
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OEMA 4°

‘Eotw f wwa ovveyxyng xat yvnoimg avovoa ovvaeTnomn OTO
draotnua [0, 1] yia tnv omoia voyvel £(0) > 0. Alvetar emiong
ovvapTnon g ovveyng oto ditaotnua [0, 1] yia tqmv omoia
LoyveL g(x) > 0 yia nabe xe[0, 1].

OpiCovue TIC CVVOQTNOELC:

F(x) = [, f)gt)dt, xe[0, 1],

G(x) = [, g(t)dt, xe [0, 1].
a. Na deiybeil 6tu F(x) > 0 yia ®db6e x oto didotnua (0, 1].
Movdaodec 8
B. Na amoderydel dtu:
f(x)-G(x) > F(x)
vio #30g x oto didotnua (0, 1].
Movdaodec 6
v. Na amoderyBel dtL LoyveL:
F) _ F(D)
G(x) G(1)
vio #30e x oto didotnua (0, 1].
Movadeg 4
0. Na PoebBel To 6pLo:
2
(jox f(t) g(t) dtj-(jg nut? dtj
lim
O+
" on g(®) dt).xf‘
Movdaodeg 7
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OAHTI'IEY (yLa tovg €EeTalOpneEVOVS)

2T0 TETEAOLO VO YOAYPETE UOVO T TQOXUTAQUTLXA
(nuepounvia, notevBvvomn, eEetaldusvo udadnua). Na
unv avItypdyete ta Béuata oto TETPAdLO.

. Na yodyete TO OVOUATETWOVVULO OOC OTO TAVW UWEQOC TV

pOTOAVILYQAd Y, auéomc UoAc oac moapadoBovv.
Kopitd dAA1N oNUELOON OEV EMLTOERETAL VO YOAWETE.
Katd tnv amoywonon ocoac va wapadwoete ualli ue to
TETOAOLO XL TA PWTOAVTIYOAQPA.

No amavtnoete 010 TETEAOL0 005 0 6Aa ta Ouata.

Na YA YPETE TIC AMAVINOELS OUC UOVO UE UWTAE | WOVO UE
uwoavpo OTvAS. Mmopeite VO YONOLUWOTOLNOETE WOAVPL
wovo yia oy€ola, dSLAYQAUUATO ROl TEVAREC.

Ké&Be oamdédvinon emwotnuovixd Texunolouévny eival
ATOOERTN.

Arvdorero eEétaonc: toelc (3) woec uetd ™ dravounq tTwv
POTOAVTLYQAQPMV.

Xpo6vog dvvatne amoywonone: uetd t 10.30" wowuv.

KAAH EIIITYXIA

TEAOX MHNYMATOX

TEAOX SHY SEAIAAZ
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