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APXH 1H> >EAIAAX

EIZATQIIKEZ EZETAZEIZ
TEKNQN EAAHNQN TOY EZQTEPIKOY
KAl TEKNQN EAAHNQN YINMAAAHAQN 2TO EZQTEPIKO
TPITH 9 ZENTEMBPIOY 2014
EZEETAZOMENO MAOHMA
OETIKHZ KATEYOYNZHZ: MAOHMATIKA
2YNOAO ZEAIAQN: TPEIZ (3)

OEMA A

Al.

A2.

A3.

‘EcTw PIa ouvaptnon f, n omoia €ival ouvexng oe éva diaoctnua A. Av

f'(X) >0 oe K6Be eowTEPIKG onueio X Tou A, TOTE va atmmodeifete OTI N
f eiva yvnoiwg augouoca oe 6Ao 10 A.

Movadeg 10
Mé1e dUO cuUVApPTAOEIG f xai g AéyovTal ioeg;

Movadeg 5
Na xapakTnpioete TIG TIPOTAOCEIG TTOU aKOAouBouv, ypa@ovTtag OTO
TETPAdIO cag diTTAQ OTO ypdAuua TTOU AVTIOTOIXEI 0 kKGBe TmpdTAON TN

AEEN ZwoTd, av n mpdétaon civar cwoTth | AdBog, av n TpdTaon civai
AavBaouévn.

a. Av Z,,Z, eival 000 piyadikoi apiByoi, 10TE 1I0KUEI:

2. -|2.]| < |z, +2,| < [z.|+]2,] (novadeg 2)
B. Av pia ouvdptnon €ival yvnoiwg povotovn o€ €va diaoctnua A, 16T1¢E
gival kar 1-1 oto di1doTnua auTo. (Movadeg 2)
: X
y. loyuver: lim ni:o (HoVadecg 2)
x>0 X
/
5. loyuern: (GUVX) =NUX, vyia kdbe Xe€R (vovddeg 2)

e. Eotw f MIla OuveXAG ouvapTtnaon oe éva di1doTnua [oc, B] Av G

gival yla mapdyouoa Tng f o10 [oc, B] TOTE:

jjf(t)dt = G(B) - G(a) (novadec 2)

Movadeg 10
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©OEMA B
OewpPOUME TOUG MIYAdIKOUG aplBuoug Z yia TOUG OTToioug IOXUEL:

|z+4|=2‘z +1‘

B1l. Na ammode€igeTe 0TI O YEWPETPIKOG TOTTOG TWV EIKOVWYV TWV MIYADIKWYV
apiOuwyv Z cival KUKAOG PE KEVTPO TNV apxhA Twv afdvwyv Kal akTiva
p=2

Movadeg 9

B2. Av Z, o TPAypaTIKOG apiBuog pe Re(21)>0 Kal Z, O QOVTAOTIKOG
apIBuog pe Im(22)<0 givar dUo ammod ToUug MIyadikoUug aplBuoug Tou
epwWTAMATOg B1l, 1601 va atmmodeiete OTI:

Z, =2 kai Z,=-2i
Movdadeg 8
B3. Av Z,,Z, civar ol piyadikoi apibuoi Tou gpwTtApartog B2, 16T1¢ va
UTTOAOYIOETE TNV TIMA TNG TTAPAOTAONG:
20 20
(z,-2,)" - (z,+2,)
Movdadeg 8
OEMA T
InXx
Aivetar n ouvdptnon f(X)=——, x>0
X

FN. Na Bpeite TIC ACUPTITWTEG TNG YPAQPIKNAG TTAPAOCTAONG TNG CUVAPTNONG
f.

Movdadeg 8

MN2. Na peAeTnoOeTe TN OUVAPTNON f Ww¢ TTPOG Tnv povoTovia (povadeg 5)
Kal oTn ouvéxela va atmodeitete OTI:

ef(X)<1 viakabe X>0 (povadeg 5)
Movadeg 10
F3. Na utmtoAoyicete 170 €ufaddv TOUu Xwpiou TTOU TTEPIKAEIETAI aATTO TN

YPA@IKA TTapdacTtacn Tng ouvaptnong f, Ttov a¢ova X'X kai Tnv

1
euBeia X=— Movadeg 7

e
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OEMA A

X 2
AiveTal n ouvapTnon f(X) =2 +X —=2X-1, xeR

Al.

A2.

A3.

Na atmodeitete 0TI n cuvdapTnon f eivai kupTi oto R (povdadecg 4).
2Tn ouvéxela va amodeifete 0TI n e§iocwan:

f(x)=0
Exel akpIBwg dUo piCeg, TiIg X; = 0 kai X, =1 (povadeg 5)
Movdadeg 9
Na atodeifete OTI uTTdpxel HOvVAdIKOG ApPIOPOG XOE(O, 1) TETOI0G,

WOTE N €QATITOPEVN TNG YPAQIKAG TTapdoTaong Tng ouvAapTtnong f
OTO OnuEio A(Xo, f(XO)) va gival TapdAAnAn otov da¢ova XX

Movdadeg 8

Na amodeitete 611 f(X) <0 yia ka6e Xe(O, l) (Hovadec 4) kal, oTNn

ouvéxela, va Auocete oto d1doTnua (0, l] TNV €giocwon:

IX f(t)dt=x-1 (uovadeg 4)
1
Movdadeg 8

OAHIIEX NA TOYZ EZEETAZOMENOYZ

2T0 TeTPAdIO VO YpAYWETE POVO Ta TIPOKATAPKTIKA (nMEpoMNvia,
eceTalduevo padnua). Na ynv avriypaweTte 1a Béparta oTo TeTpAdIo.

Na ypdyeTre TO OVOMATETMTWVUMO O0OGC OTO TAVW MPEPOG TWV
QWTOAVTIYPAQWY aNéowg POAIGC oag TrTapadoBouv. TuxOv ONUEIWOEIG
0o0¢ mavw ota Béparta dev Ba PBabpyoAloynbouv o€ Kauia TEPITTWON.
Katd Tnv amoxwpnon oag va TTapadwoeTe pgali e 1o TeTpddio KAl Ta
QwToavTiypaga.

Na atTavTAceTe OTO TETPADIO 0ag o€ OAa Ta BEuarTa.

Na ypAWeTE TIGC ATTAVTAOEIC 0AG YOVO PE UTTAE 4 HOVO PE PAUPO OTUAOS
avegiTnAng peAdvng.

KaBe ammdvinon €mICTAPNOVIKA TEKUNPIWHEVN €ival atTTOOEKTH.

Aldpkela eg¢étaong: Tpeig (3) wpeg HeETG TN dlavoun Twv
PWTOAVTIYPAPWYV.

Xpovog duvaThg amoxwpnong: Mia (1) wpa perda 1n dlavoun Twv
QWTOAVTIYPAQWYV Kal OxI TTpIv Tig 17:00.

2AZ EYXOMAZTE KAAH ENMITYXIA

TEAOZ MHNYMATOZ
TEAOX 3HY AIIO 3 SEAIAEX






