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APXH 1HY SEAIAAY
TEKNON EAAHNQON TOY EZQTEPIKOY

EIZAINQriKez EZETAZEIZ

TEKNQN EAAHNQN TOY EZQTEPIKOY KAl TEKNQN EAAHNQN YIAAAHAQN MOY

YMHPETOYN ZTO EZQTEPIKO
EEETAZOMENO MAOHMA: MAOGHMATIKA NMPOZANATOAIZMOY
TETAPTH 9 ZENTEMBPIOY 2026
2YNOAO ZEAIAQN: TEZZEPIZ (4)

OEMA A

Al.

A2.

A3.

A4.

Aivetar n otaBepy ouvaptnon f:R—> R pe t10m0 f(X)=C, oTToU
ceR. Na amodcitete 611 n f eivar mapaywyioun oto R kar 06Tl

f'(x)=0.
Movdadeg 6

Na diatutmwoeTe TO0 @ewpnua Bolzano.
Movdadeg 4

Moéte n eubBeia y=£ Aéyetar opi¢dviia acUPTITWTN TNG YPOQIKAG
mapdaotaong TN f oto + o ;

Movadeg 5

Na XapakTnpioeTe TIG TTPOTACEIC TTOU OKOAouBoUv ypd@oviag OTOo
TETPGSI6 oag, diTTAa OTO ypdPua TTOU AVTIOTOIXEI o€ KABe TTpOTACN, TN
AEEN ZwoTd, av n TpdTaon gival cwaoTn, 1 AdBog, av n TpdTaon givai
AavBaouévn.

o) Eotw n ouvdapTtnon f(X)=r]pX. H ocuvaptnon f eivar mapaywyioiun
oto R kar 1oxUel f'(x)=—0uvx, xeR.

B) Av Ilimf(x)>0, tére f(x)> 0 kovrtd a10 X,.
X—Xg

v) Av f ouvexng ato [a, B] ue f(x)>0, tor1e
B
jf(x)dxzo.

8) Av OuUo peTaBAnTa peyédn X,y ouvdféovTal Pge Tn OX€on y=f(x),
otav f eival yia cuvadpTnon Tapaywyioiuyn oTo X, , T67€ ovouddoupe
PUBUO peTaBOANG TOU Y WG TTPOG X OTO Onueio X, TNV Mapaywyo

f'(x,) -
€) Kd&6e ouvdptnon "1-1" eival kal yvnoiwg govaTtovn.

Movdadeg 10

TEAOZ 1HY AMNO 4 JEAIAES
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APXH 2HSY SEAIAAY
TEKNON EAAHNQON TOY EZQTEPIKOY

OEMA B

Aivetal n ouvaptnon f(X) = 4—1 , xe (0, +).
X

B1l. Na amodeci¢ete 011 n f avriotpépertar (povadeg 3) kal va Bpeite TNV
avtiorpo®n 1ng (povadeg 5).
Movdadeg 8
1

STa eTOPEVA epwTAMATA va BewprRoeTe H(X) = % Xe(— 0 , 4).

B2. i) Na mpoodiopicete Tn ouvdptnon g=Ff+f" (uovdadec 4).

i) Na BpeiTe TIC ACUPTITWTEG TNG YPAQPIKAG TTApAoTAONG TNG OUVAPTNONG

1
=4 =
g(x) x+4—x

, X € (O : 4) (LOVAdEC 6).
Movdadeg 10

B3. Na eetdoete av ummdpxouv onueia TnG ypa@ikng mapdoTtaong TNng
ouvaptnong g Ttou epwTApaTog B2 oTa omoia n egpamTtopévn €ival

TapAdAAnAn otov afova X'X.
Movdadeg 7

OEMA I
AivovTtal ol ouvapTACEIG f(x):ex+x—1, XeR kai g(x):lnx , Xe(O , +oo).

F1. Na mpoodiopioete Tn ouvaptnon h=foqg.
Movdadeg 6

S1a Tapakatw epwthpata Bewpoupe h(X)=x+Inx-1, xe (0, + ).

Fr2. i) Na Bpeite To oUvoAO TIHWV TG ouvdapTNONG h(X) (Movddeg 5).

ii) Na amodeiete 611 n e€icwan h(x) = 2026 éxel akpIBwg pia pila

(Movadeg 6).
Movadeg 11

3. i) Na amodeiete 611 n h avriotpépetar (povadeg 3).

ii) Na emAUoeTe TNV e€icwon h_l(x) =1 (uovadeg 5).
Movdadeg 8

TEAOZ 2HY AMO 4 JEAIAES
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APXH 3HY SEAIAAY
TEKNON EAAHNQON TOY EZQTEPIKOY

OEMA A
‘Eotw ouvdaptnon f:R —> R yia tnv omoia 1ox0ouv Ta TAPOAKATW:

e n f eival mapaywyioiun pe f'(X)=0X2+B, yia KG8e XeR , 6tmou

a,BeR,

e n f mapoucialel otn Béon X, =1 Tomikd péyioTo 10 O,

2
e n c@atmTopévn oTn ypagikf mapdotaon 1ng f otn Béon X, =— E
] . ' ] T
oxnuartiel ye Tov dfova X'X ywvia w:Z rad.
Al. i) Na amodei€ete 611 a=-3 kal B=3 (povadec 5).
ii) Na amodeifete OTI f(X)z—X3 +3Xx—-2, XeR (povadec 3).
Movdadeg 8
A2. Na PeAETAOETE KAl va TTAPAOCTACETE ypa@ika Tn ocuvéaptnon f.
Movadeg 10
A3. Na uTtroAoyioeTe 10 OpIO:
_In(1+f(x))
lim >
-1 f(x)[(x-1)
Movdadeg 7

TEAOZ 3HY AMO 4 JEAIAES
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APXH 4HY SEAIAAY
TEKNON EAAHNQON TOY EZQTEPIKOY

OAHrIEX (via Touc eEeTalopévouc)

1. Zto €§wW@UAAO TOU TETPAdIOU VA YPAWETE TO €EETACOUEVO PABNUA. ZTO ECWEQUAAO
TMAVW-TTAVW VA CUPTTANPWOETE Ta OTOMIKG OOG OToIXEia. XTnV apxXn Twv
ATTAVTACEWV OaG VO YPAWETE TTAVW-TTAVW TNV NUEPOPNVIa Kal To €EETACOPEVO
MGOnua. Na pnv avTiypdyeTe Ta BEpaTa 0TO TETPASIO KAl VO N YPAWETE TTOUBEVA
OTIG ATTAVTHOEIG 00G TO OVOUA 0OG.

2.  Na ypayeTte TO OVOUATETTWVUUO OAG OTO TTAVW HEPOG TWV QWTOAVTIVPAPWY APECWS
MOAIG cag TTapadoBouv. TuxOov oOnuEIWOEIS oag TTavw oTa Bépara dev Oa
BaduoAoynBouv og kKapia TePiTITWON. Kard Tnv atroxwpenor] oag va TTapadwoETE
padi pe To TETPABIO KAl TA GWTOAVTIYPAQQ.

3. Na amravrioete oTo TETPASIO 0ag 0 OAa Ta BEPATA POVO e UTTAE | HOVO UE paupo
OTUAG pe peAdvi Tou dev OB Vel.

4. Kd06¢ amrdvrnon €mMOTNUOVIKA TEKUNPIWMEVN €ival OTTOOEKTH.

5. Aidpkela e€€taong: TPEIG (3) WPES PETA T dIAVOUL TWV GWTOAVTIYPAPWV.

6. Xpovog duvarr¢ amoxwpnong: 17:00

2AZ EYXOMAZTE KAAH ENITYXIA

TEAOZ MHNYMATOZ

TEAOZ 4HY AMO 4 JENIAES






