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ITAAAIO APXH 1HS SEAIAAS - TAAAIO SYSTHMA

EMNANAAHNTIKEZ MANEAAAAIKEZ EZETAZEIZ
HMEPHZIOY KAI EZNEPINOY FENIKOY AYKEIOY
TPITH 8 ZENTEMBPIOY 2020
EZEETAZOMENO MAOHMA: MAOHMATIKA NMPOZANATOAIZMOY
2YNOAO ZEAIAQN: TEZZEPIZ (4)

OEMA A

A1.

A2,

A3.

A4.

AS5.

‘Eotw pia ouvaptnon f mapaywyiociyn oe éva didotnua (0, B), ue
e€aipeon fowg éva onueio X,, oTo omoio 6pwg n f eival ouvexng.
Av f'(x)>0 oto (a,x,) kai f(xX)<0 o1o (x,, B), 16Te va amodeifeTe
6T to f(X,) €ival Tomiké péyioto Tng f.

Movadeg 7

Na dIOTUTTWOETE TO KPITAPIO TTAPEPNBOANRG.
Movdadeg 4

Mote Aépe OT11 n euBeia X=X, €ival KATaKOpPUPn aCUUTITWTN TNG

YPAQIKAC TTapdoTaong piag ouvaprnong f;
Movdadeg 4

OewpPAOTE TOV TTAPAKATW ICXUPIOMO:
«lMa k&Be ouvaptnon f n omoia eival dUo Qopég Tapaywyiociun Kal
kupth oto R 1oxoer f(X)>0 yia kaBe xeR.»

a. Na xapaktnpicetre Tov TTAPATTAVW IOCXUPIOPO, ypApovTag OTO
TeETPAdI6 0ag 1O ypduua A, av givalr aAn®nig, n 1o ypduua ¥, av
gival Yyeudng.

(Movada 1)

B. Na aitioAoynnoete TNV amdvinorn 0ag 0TOo epwTnua (a).

(Movadeg 3)
Movdadeg 4

Na xapakrnpicere T1IC TPOTACEIC TTOU aKoAouBoUv ypdaovrag OTo
TETPA0I6 oag, OimAa OTO ypAQuua TOU QVTIOTOIXEI O KABe mporaaon, mn
Aéén Zworo, av n mporaon €ivar owortn, H Ada@og, av n mporaon €ivai
AavBaouévn.

a) MNa kaBe {eOyog ouvaptiocewv f, g yia 1i1¢ omoicg opifovral ol

ouvaptioeig fog kar gof, 1ox0el fog=gof.

B) MNa k&Be Celyog ouvapthoewv f, g yia TiI¢ omoieg umdpyxouv Ta
6pra limf(x), limg(x) kar f(x)<g(x) yia kabe X kovid oTo X,
X—>Xq X—>Xq

ioxuer limf(x)< lim g(x).

X—Xq

TEAOZX 1H> ATIO 4 SEAIAEX
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ITAAAIO APXH 2HS SEAIAAS - TAAAIO SYSTHMA

v) Av n f civar pia ouvexig ouvdaptnon oto [a, B], n omoia dev gival
B

mavTol pndév oTo JIACTNUA AUTO Kal J‘f(x)dX=O, 161e n f
[0

maipvel 800 TouAdxioTov eTepdonueg TIYéEG oTo [a, B].
Movdadeg 6

OEMA B
AivovTtal ol cuvapTAoEIg
f(x)=(x+0a)* -1 xe[-1 +o), aeR «kai
gx)=x*-1 xeR .
Av n KAion Tng ypa@IikAg TapdoTaong Cf ¢ f oto onueio pe TeTunUévn
X, =0 eival ion pe 2, 107¢:

B1. Na amodeifete 611 a=1 .
Movadeg 5

B2. Na amodeiete 611 n ouvaptnon f avriotpéeeral kal va Bpeite Tnv
avtioTpoen Tng, .

Movdadeg 8
Av f(xX)=vx+1-1 xe[-1 + o), 16T¢:
B3. Na Bpeite Tn ouvdptnon f'1og.
Movdadeg 6
B4. Na Bpeite To 6plo
f'(x)+1 _
|m_1(—) ,onou (feg)(X)=|x|-1 xeR.
=1 (f7 2 g)(x)
Movdadeg 6
OEMA T
2170 OITTAavd oxAMa OdiveTal NUIKUKAIO
ME KEVTpo K kal diaduetrpo MN = 4 cm. A 2y B
Opboywvio ABIr'A pe diaotdoeig X Ccm
Kal 2y CM  gival eyyeypaupévo oTO
NUIKUKAIO. X 2 X

M A K Y B N
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ITAAAIO APXH 3HS SEAIAAS - TAAAIO SYSTHMA
M. Na amodeifete 011 TO euaddv Tou opBoywviou ABIA, wg ouvdaptnon
Tou X, gival E(x)=2v4x* =x*, x (0, 2).
Movdadeg 6
Nr2. Na Bpeite 11¢ diaocTdoelg Tou opBoywviou ABIA, woTte 10 eufadov
TOU va YiveTal PEYIOTO.
Movdadeg 7
MN3. Na Bpeite TI¢ TIHEG TOU X WOTE TO euPaddv Tou opboywviou ABIA va
gival ioo pe 24/3 cm?.
Movdadeg 5
4. Na amodeifete 611 n cuvapTnon
f(x)=(E(x)—2J§)eX, x (0, 2)
EXEl €va TOUAAXIOTOV KpioIJo onpeio oto d1docTnua (\/E \/§) .
Movdadeg 7
©OEMA A
, T T . . . . .
Eotw f:[—E, EJ_)R MIO OUVEXAG ouvdpTnon TEéTola, WOTE yia KA&Oe
T T )
Xe€|l——, —| vaioxuer:
- 2]
x - f(x) =ouvx—-1.
A1. Na amodeifete OTI
ouvx —1
3 €l O U Ol E
f(x)= X 2
0, x=0
Movadeg 3
A2. Na umroAoyiceTe TO OAOKANPpWUQ
T
2
I = _[ F(x)dx
_r
2
Movdadeg 4
A3. Na amodeitete o611 n ouvdptnon f eivar yvnoiwg ¢Bivouoa aoTo

didaoctnua LI
2" 2|
Movadeg 7
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ITAAAIO APXH 4HS SEAIAAS - TAAAIO SYSTHMA

A4,

AS.

Na atmodeifete 0TI n €iocwaon

2020 -cuvx — x = 2020
. ; . . T T
Exel akplBwg dUo pifeg oTo dl1ACTNUA [—E EJ

Movdadeg 4

. , . , T T
Eotw F pia apxiki ouvdaptnon tng f orto didotnua [—E, EJ bE
F(O)= ¢, 6mou p n peyaAutepn pifa TngG €&iocwong Tou €PWTAMATOG

(A4). Na atrodeitete OTI yIa KGO¢e Xe[—g, gJ IOXUEL:

n-|F(x)| < 2] x].
Movadeg 7

OAHTIEX (yia Touc ge€sTalouévouc)

2710 €EWPUAAO TOU TETPADIOU VA YPAWETE TO €CETACOUEVO UABNUA. ZTO ECW@PUAAO
TMAVW-TTAVW VA OCUPTTANPWOETE TA OTOMIKA OAC OTOIXEid. ZTNV apXn Twv
ATTAVTACEWV O0G VO YPAWETE TTAVW-TIAVW TNV NUEPOMPNVIA Kal To €LeTAlOPEVO
MGBnua. Na punv avTiypdyete 1a BEPaTa 0TO TETPADIO KAl VO UN YPAWETE TTOUBEVA
OTIG ATTAVTHOEIG 00G TO OVOUA 0aG.

Na YPAWETE TO OVOUATETTWVUNO 0OG OTO TTAVW MEPOG TWV GUITOAVTIYPAPWY AUECWGS
MOANIGC oag TTapadoBouv. Tuxov onMpEIWOEIS Oag TTAVw oTa Bépara dev Oa
BaBuoAoynBouv og Kapia epiTTTWON. Katd TNV amroxwpenaor oag va TTapadwoETE
Madi ge To TETPABIO KAl TA GWTOAVTIYPAQQ.

Na atraviioeTe oTo TETPADSIO 0ag ae OAa Ta BEPATA MOVO [E PTTAE ] pOVO e paupo
OTUAG e peAdvi TTou dev OB Vel

KdaBe atravrnon €mMoTNPOVIKA TEKUNPIWKEVN Eival ATTOOEKTT.

Aldpkela e¢ETaong: TPEIG (3) WPES META TN OIAVOUN TWV QWTOAVTIYPAPWV.

Xpovog duvartrg atroxwpnong: 17:00

2A2 EYXOMAZTE KAAH ENITYXIA

TEAOZ MHNYMATOZ
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