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APXH 1HY SEAIAAY
HMEPHZION KAI ESMNEPINQN

EMANAAHNTIKEZ MANEAANAAIKEZ EZETAZEIZ
HMEPHZIQN KAI EZMNMEPINQN FENIKQN AYKEIQN
EZEETAZOMENO MAOHMA: MAOHMATIKA NMPOZANATOAIZMOY
NMAPAZKEYH 15 ZEMTEMBPIOY 2023
2YNOAO ZEAIAQN: TPEIZ (3)

OEMA A

Al. Av pia ouvaptnon f gival mapaywyioiun og éva onueio X, Tou Tediou
OPIOHYOU TNG, VO aTTOdEICETE OTI €ival KAl OUVEXNG OTO ONUEio AuTo.

Movdadeg 7
A2. Na dilatuTTwoeTe TO Bewpnua Bolzano.

Movadeg 4
A3. TMote Aépe 611 dUo cuvapTthoeig T kal g eival ioeg;

Movdadeg 4

Ad. Na xapakrnpioere T1IC TPOTACEIC TTOU akoAouBouv ypdeovra¢ OTO
TETPAOIO oag, OimMAa OoTO ypduua Tou avrioToixEi o€ kKGBe mporaon, ™
Aéén ZworTo, av n mpdraon €ivar cwaorn, H AdBog, av n mpdoraon givai
AavBaouévn.

a) Av f:R—> R c¢ivar pia “1-1”7 ouvdpTtnon, TOTE Ol YPOAQPIKEG
mapaotdaceic C kal C' Twv ocuvaptioewv f kar ™ gival cuppeTpikéc

WG TTPOG TNV guBeia Y = X TTou dixoTtopei TI¢ ywvieg X0y kai X'Oy’.

B) loxuel 611 lim InX = —c0.
x—0*

v) Ta kd08e e0yog f,Qg ouvexwyv ouvapTicewy aTO [0(, B] IOXUEl OTI:

if(x)g(x)dx=if(x)dx-ig(x)dx .

8) Av lim f(x)>0, r61e f(X)>0 kovrtd oT0X,.
X—)XO

€) O1I ypa@IKEG TTAPAOCTACEIG TTOAUWVUMIKWY OUVOPTACEwWV Baduou
MEYOAUTEPOU 1 iCOU TOU 2 €XOUV AQCUUTITWTEG.

Movadeg 10
©OEMA B
AiveTal n ocuvdpTtnon f:(O, +oo)—>R ME TUTTO f(x)= X+1 :
X
B1. Na peAetAocete Tnv f wg mpog tn povoTtovia kail Ta akpdTara.
Movdadeg 6

TEAOZ 1HY AMNO 3 ZEAIAES
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APXH 2HSY SEAIAAY
HMEPHZION KAI ESMNEPINQN

B2. Na peAetioete Tnv f w¢ mpog tnv KupTdTNTA KAI VO TTPOCBIOPICETE, AV
UTTAPXOUV, Ta ONMEIa KAUTIAG TNG YPAQPIKAG TNG TTapdoTaong.
Movdadeg 6

B3. Na €etdoeTte av IkavotolouvTal ol utTtoBéoeig Tou BewpApaTog Rolle

oT0 d1A0TNUA 3 E
3' 2]

Movdadeg 6

B4. Na utmtoAoyicete 10 €ufaddv TOUu YXwpiou TTOU TTEPIKAEIETAI ATTO TN
ypa@ik mapdotacn Tn¢ f, Tov d€ova x’x kal Ti¢ euBeiec X =1kal X =e€.

Movadeg 7

OEMA T

|

l B

I o

! c
A -1 0 A(a, 0)

v

270 TApATAvVW OXAUA QaivovTal ol ypa@ikég TapaoTtdoeig C, Kal Cg TwvV
ouvaptioewy f:R—> R kai g: (-0, 0) > R pe TUTTOUG

f(x)=e™ kai g(x)=—§.

To opBoywvio ABTA éxel TiI¢c Kopu@ég A kal A TTadvw oTov déova X'X Kal TIG
Kopugég B kal ' mavw oTig C, Kal Cg, avtioToixa.
‘Eotw A(a,0) ye a>-1.

F. Na amodeigeTte 611 01 CUVTETAYPEVEG TOU onpeiou I gival (-e1+°‘, e'“).

Movdadeg 6

MN2. Na amodeigete 611 10 €¢upaddv Tou opBoywviou ABIA divetal, wg
ouvaptnon Tou a, amd Tov TUTTO

E(a)=e+a-e @
Movdadeg 6
3. Na Bpeite Tn Béon TOoU onueiou A yia Tnv oToia To euPBadodv Tou

opBoywviou ABI'A peyiototrolgital.
Movdadeg 7

TEAOZ 2HY AMNO 3 ZEAIAES
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APXH 3HY SEAIAAY
HMEPHZION KAI ESMNEPINQN

F4. Na €¢etdoeTte av uttdpxel 6éon Tou onueiou A woTe To opBoywvio ABTA
va éXel eBaddVv 4 T1.p.
Movdadeg 6
OEMA A
Aivetar n ouvexng ouvaptnon f:R — R via tnv omoia 1oxUel:
1 .
x2-f(;)=npx, yia KaBe x # 0.
1
2
X -nu—, x#0
Al. Na amodeigete o6T1: f(X) = rwx
0 , Xx=0
Movadeg 5
A2. Na Bpeite Tnv €iowon TNG €QaATMTOPNEVNG TNG YPAPIKAG TTApAoTaAONG
¢ ouvapTtnong f oto onueio O(0,0).
Movdadeg 8
A3. Na Bpeite TNV ACUPTITWTN TNG YPOPIKAG TTapdoTaong Tng f oto +00.
Movadeg 6
A4. Na utmmoAoyiceTe TO OAOKARpWPQ
1
I= If(x)-ouvx dx
-1
Movdadeg 6
OAHTIEZ (yia Toug g&eTaloPEVOUQ)
1. Zto €§wW@UAAO TOU TETPAdIOU VA YPAWETE TO ECETACOUEVO PABNUA. ZTO ECWEQUAAO

TMAVW-TTAVW VA CUPTTANPWOETE TA OTOMIKA OOG OToIXEid. ZTNV apXn Twv
ATTAVTACEWV O0G VA YPAWETE TTAVW-TTAVW TNV NUEPOMPNVIA Kal TO €GETACOPEVO
pNABnua. Na pnv avTiypayere 1a Béuara oTo TETPAdIO KOl VA MN YPAWETE TToubevd
OTIG ATTAVTHOEIS 0O TO OVOUd 0OG.

Na ypAWETE TO OVOUATETTWVUNO 0OG OTO TTAVW PEPOG TWV QUTOAVTIYPAPWY AUECWS
MOAIG cag TTapadoBouv. Tuxoév onupeEIWoEIS 0ag TTAvw oTa Bépara dev Ba
BaduoAoynBouv og Kapia TEPITITWON. Katd Tnv atroxwpenor] oag va TTopadwOoETE
padi e To TETPADIO KAl TA GWTOAVTIYPAPQ.

Na atravtoeTe oTo TETPADIO 0ag 0 OAA Ta BEPATA MOVO HE PTTAE 1] MOVO PE HaUPOo
OTUAOG pe peAdvi TTou dev Opnvel.

Kd&Be atravrnon emMoTNUOVIKA TEKUNPIWHEVN Eival ATTODEKTT).

Aldpkela e¢ETaong: TPEIG (3) WPES META TN SIAVOUN TWV GWTOAVTIYPAPWV.

Xpodvog duvartng armmoxwpnong: 11:00

2AZ EYXOMAZTE KAAH EMITYXIA
TEAOZ MHNYMATOZ

TEAOZ 3HY AMO 3 ZEAIAES






