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APXH 1HY SEAIAAY
HMEPHZION KAI EZMNEPINQN

EMANAAHNTIKEZ MANEAANAAIKEZ EZETAZEIZ
HMEPHZIQN KAI EZMNMEPINQN FENIKQN AYKEIQN
EEETAZOMENO MAOHMA: MAOGHMATIKA NMPOZANATOAIZMOY
TPITH 10 ZENTEMBPIOY 2024
2YNOAO ZEAIAQN: TEZZEPIZ (4)

OEMA A

Al.

A2.

A3.

A4.

‘Eotw n ouvaptnon f(x)=x, xeR. Na amodei¢ere o611 n f eival

mapaywyioiun oto R kai ioxver f'(X)=1.
Movdadeg 7

MNéte pia ouvaptnon f Aéyetal yvnoiwg avfouca oe éva diaoTnua A
Tou Tmediou oplopoU TNG;
Movddeg 4

Na diatummwoete 10 Oewpnua MéyiotTng kal EAaxiotng TiIgAG.
Movdadeg 4

Na xapakrnpicere T1IC TPOTACEIC TTOU akoAouBoUuv ypdeovra¢ OTo
TETPGOI6 oag, OimAa oro ypduua mou avrioToixei og KGBe mpdraon, 1n
Aéén Zworo, av n mporaon givar cworth, N Aa@og, av n mporaon €ivai
AavBaouévn.

a) loxuel 6TI Iing(xr]pl)=0 :
X—> X

B) KaBe ouvaptnon f &iatnpei mpoéonuo oe kaBéva amo Ta
OI00TAMATA OTA OTToid Ol dIadOXIKEG pifeg TNG Xwpifouv TO TTEDIO
OpIOUOU TNG.

v) H ouvaptnon f(X)=x", aeR-Z civai mapaywyioiyn oTo
(0, + o) kai 1oxver 611 f'(X) = ax®* .

8) Av n ouvaptnon f cival ouvexig oe didotnua A kaia, B, y € A,
B Y B
roTE 10YUE! jf(x) dx = jf(x) dx+jf(x) dx.
a a Y

g) Avlimf(x) <0, r61e f(X) <0 kovra oToX,.

X=X,

Movadeg 10

TEAOZ 1HY AMNO 4 JEAIAES
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APXH 2HSY SEAIAAY
HMEPHZION KAI EZMNEPINQN

©OEMA B
Aivetar n ouvaptnon f: (0, +©) > R pe 1omo f(X)=2Inx-1
kai n ouvaptnon g:R > R pe tomo gX)=x-2 .

B1. Na mpoodiopicete Tn ouvdptnon h=foQg.
Movdadeg 6

Av h(x)=2In(x-2)-1, x> 2, 167¢:

B2. Na peAetAocete T ouvdptnon h wg mpog 1nv kuptdTNTA.
Movdadeg 6

B3. Na dciete 611 n ouvaptnon h avriotpégetal (uovadeg 3) kal va Bpeite
Vv avTtioTpor TN h™ (novadec 4).
Movdadeg 7

X+1
B4. Av h'(X)=2+e?2 , xeR, va efetdoete av ikavoTololvTal ol

uttoB€éoeig Tou Bewpnuatog Rolle yia Tn cuvdptnon

¢ (x) =(h"(x)-3)- (x’ - 8)

oto [-1, 2] .
Movdadeg 6
OEMA T
Aivetal n mapaywyioiyn ouvdptnon f pe
e+ AXx, x<-1
fX)=9 ax+a , 6mou a>1 kar AeR
: Xx>-1
X+
M. Na amodeifete 611 A=1.
Movdadeg 5

Fr2. Na amodeifete 011 A =2 (Yovdadeg 5) kal 0TN OUVEXEID va BPEiTe TNV
e€iowon TNG €QATTONEVNG TNG YPAPIKAG TTapACTAONG TNG OUVAPTNONG

f oto onueio A(-1, 0) (uovadeg 3).
Movdadeg 8

TEAOZ 2HY AMO 4 JEAIAES
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APXH 3HY SEAIAAY
HMEPHZION KAI EZMNEPINQN

3. Na ppeite TIC OAOUPTTWTEG TNG YyPAQIKAG TapdoTaong TNgG

ouvaptnong f .
Movdadeg 7

F4. Na amodeigeTe OTI:
f(Nnux—2) = 2nux -2, yia kaBe X € R .
Movdadeg 5

OEMA A

T
AivovTail o1 cuvaptioceig f,g:(0, E]_)R yia TIG oTToie¢ 10X UEL:

e [g)—gy)| < (x—y)? . yia kaBe X,y € (0, g]

e g(x)="f(x)nux , yia kaee X € (0, g]

° f(%)=\/§

Al. Na amodeitete OTI:
. T
) n ouvaptnon g cival otalepn yia kabe X € (0, E]
(Movadecg 4)
N , , , 1
ii) o Tumog Tng ouvaptnong f eivar f(x)=—— .
NMX

(Movadecg 1)
Movadeg 5

A2. Na dciete 011 n ouvaptnon f givar «1-1» (uovadeg 3) kal va Bpeite To

oUVOAO TIHWV TNG (Movadeg 3).

Movdadeg 6
A3. Na d¢eiete 0TI n €iowon
2 m

f@-2 [ W2)-3 7o

+ =O,”£q€(_1_)

X_E X_\/E 6 2

4
1L
éxel akpIBWS pia pia oTo (Z : \/E)

Movadeg 6

TEAOZ 3HY AMO 4 JEAIAES
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A4.

APXH 4HY SEAIAAY
HMEPHZION KAI EZMNEPINQN

i) Na d¢cig¢ete 611 n ocuvdpTnon

H(x)=%|n(l—cuvx) —%In(1+ ouvx), X € (0, g]

X T
gival yia Tapdyouoa TNG ouvdapTNoNng h(x)=L2 oto (0, —].
1-ouvXx 2
(Movadeg 2)
i1) Na utroAoyicete 1O €uPaddv Tou Ywpiou TTOU TTEPIKAEIETAI ATTO
N ypa@ikl Tmapdotacn T1n¢ ouvaptnong f  kai TI¢ guBcgicg
y=2 X T
= Kal =—.
2

(Movadeg 6)
Movdadeg 8

OAHTIEX (yia Touc ge€sTalouévouc)

210 €EWQPUAAO TOU TETPADBIOU va ypAWEeTE TO £CETAlOPEVO UABNUA. XTO €E0CW@UAAO
TAVW-TTAVW VA CUPTTANPWOETE TA OTOMIKA OOG OToIXEid. ZTRV apXn Twv
ATTAVTACEWV 000G VA YPAWETE TTAVW-TTAVW TNV nNuUEPonvia kal 1o €EETAlOPEVO
pNaBnua. Na pnv avTiypapere 1a Béuarta oto TETPAdIO KOl VA MN YPAWETE TToubevd
OTIG ATTAVTHOEIS 0O TO OVOUd 0OG.

Na ypAWETE TO OVOUATETTWVUNO 0OG OTO TTAVW PEPOG TWV QUTOAVTIYPAPWY AUECWS
MOAIG cag TTapadoBouv. Tuxoév onupeEIWoEIS oag TTAvw oTa Bépara dev Ba
BaduoAoynBouv og Kapia TEPITITWON. Katd Tnv atroxwpenor] oag va TTopadwOoETE
padi e TO TETPADIO KAl TA GWTOAVTIYPAPQ.

Na atravtoeTe oTo TETPADIO 0ag 0 OAA Ta BEPATA MOVO HE PTTAE 1] MOVO PE HaUpPo
OTUAOG pe peAdvi TTou dev Opnvel.

Kd&Be atr@vrnon eMoTNUOVIKA TEKUNPIWHEVN Eival ATTODEKTT).

Aldpkela e¢ETaong: TPEIG (3) WPES META TN SIAVOUN TWV GWTOAVTIYPAPWV.

Xpodvog duvartng armoxwpnong: 17:00

2AZ EYXOMAZTE KAAH ENITYXIA
TEAOZ MHNYMATOZ

TEAOZ 4HY AMO 4 JENIAES






