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APXH 1HY YEAIAASY - NEO & TAAAIO >YSTHMA
EITANAAHOTIKEY I'" HMEPHZIQN
NMANEAAAAIKEZ EZETAZEIX
" TA=ZHZ HMEPHZIOY FENIKOY AYKEIOY KAI EMNMAA (OMAAA B’)
NEMIMTH 9 IOYNIOY 2016 - E=ZETAZOMENO MAOHMA: MAOHMATIKA

NMPOZANATOAIZMOY (NEO 2YZTHMA) & KATEYOYNZHZ (NMAAAIO LYEZTHMA)

LYNOAO ZEAIAQN: TEZZEPIZ (4)

OEMA A

A1,

A2,

A3.

A4.

‘Eotw pia ouvdptnon f opiouévn oe éva didotnua A kal X, éva ECWTEPIKO anueio

Tou A. Av n f Tapouciaer Tomiké akpdtato oTo X, Kal gival TTapaywyiciun oTo

anueio autoé, 161 va amodeitete om f'(x, ) =0.

Movadeg 7

Na dIaTuTTW oETE TO KPITHPIO TTAPENPBOANC.

Movabdeg 4

Méte Aépe 611 n euBeia Y = £ eival opIJOVTIA ACUPTITWTN TNG YPAQIKNAS TTAPACTACNS

¢ ouvaptnong f oto +w;
Movabdeg 4

Na xapakrnpioere 1iC TPOTACEIC TTOU akKoAouBouv, ypdeovrac oro T1ETpadid oag,
OiTAa oTo ypduua 1mou avrioToixEi o KaBe mpdraon, 1 Aéén ZwaoTo, av n mporaon
givar oworn, n A@@og, av n mporaon givar Aavlaouévn.

. ouvx-1
a lim—— =1
x—0 X

1
B) Av f(x)= In|x| yia kdBe X = 0, to1e f'(X) = |— yia kd8e X = 0.
X

Y) Av pia ouvdpinon f 8ev eivar ouvexi¢ oto X, , 1o1E n f Bev eival
Tapaywyioiyn ato X, .
8) Ymdpxel TTOAUWVUNIKA ouvdpTtnon Baduol Vv > 2, n otroia éXel aoUPTITWTN.

€) Na kdabe ouvaptnon f, ouvexn oto [Q,B], 1oxver:
B
av J.f(x) dx >0, té1e f(x) >0 or0 [O,B].

Movadeg 10

TEAO> 1HY ATIO 4 EAIAE>
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APXH 2HY YEAIAAY - NEO & TTAAAIO X YSTHMA
ENDANAAHITIKEY " HMEPHYIQN

©EMA B
Aivetal n ypa@ikni TapaocTtaon tn¢ ouvdptnong f
N
y
5
4
3
2
1
x’ 1 N
T ] T
2 -1 X
14
2+
Y’
B1. Na Bpcite To medio opiopou kai 10 alvoAo Tiwyv Tn¢ f.
Movadeg 2
B2. Na Bpeite, av umrdpxouv, Ta TApaKatTw opia.
a) limf(x) B) lim f(x)
X— 1 x—> 3
y) limf(x) 5) limf(x) g) limf(x)
Xx—> 5 x— 7 x— 9
lNa 1a 6pia Tou devV UTTAPXOUV va AITIOAOYNCETE TNV ATTAVTNON 0ag.
Movadeg 7
B3. Na Bpeite, av umrdpxouyv, Ta Tapakdrw épia.
1
a) lim—— lim — lim f(f(x
) lmes B lmes ) M)
Na aITioAoyAoeTe TNV ATAVTNOT CAG.
Movadeg 9
B4. Na Bpeite Ta onucia ota omoia n f dev gival ouvexric.
Na aITioAoyAoeTe TNV ATAVTNOT CAG.
Movadeg 3

B5. Na Bpeite Ta onueia X, Tou mediou opiopou Tng f yia ta omoia 1oxver f'(x,)=0.

Na aITioAoyAoeTe TNV ATAVTNOT CAG.

Movabdeg 4

TEAO> 2HY ATIO 4 EAIAE>
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APXH 3H> YEAIAAY - NEO & TTAAAIO XYSTHMA
ENDANAAHITIKEY " HMEPHYIQN

GEMA I
Aivetai n ouvdptnon f:R — R pe f(x) = x3.

M. Na amodei€ete 6m n f eivar ouvdptnon 1-1 (povadec 2) kai va Bpeite TV
avTioTpo®n cuvapTnon ! (Movdadec 4).
Movadeg 6
r2. Na amodei€ete 6T yia kaBe X > 0 1ox0er:
1.3
f(Nux) > f(x—gx ).
Movadeg 9
3. ‘Eva onueio M kiveital katd prikoc ¢ kapmoAng Y = X*, x>0 pe X = x(t) ko
y = y(t). Na Bpeite oe molo onueio TN KAUTUANG O puBudS METABOAAS TNG
tetaypévng Y(t) Tou M eivan icog ue to puBud petapBoAng tng tetunuévng X(t), av
utroteBei 6m X'(1) > 0 yia kéde 1> 0.
Movabdeg 4
ra. Av g:R — R civai guvexic kal dpTia ouvdpTtnan, va utroAoyioeTe T0 0AOKAR pwua
1
Jf(x) g(x) dx .
-
Movadeg 6
OEMA A
Aiveral n ocuvdaptnon
[1Inx
—+1 ,0<x<1
X
f(x)=< 1 X =1
Inx
— ,X>1
X —1

A1.

A2.

A3.

Na &ei¢ete om n f eivar ouvexig oto (0,4) (uovdadeg 3) kar va Bpeite, av

UTTAPXOUV, TIC KATAKOPUPEC ACUUTITWIEC TNC YPAQIKAC Ttapdotaonc e f.
(Movadeg 2)
Movadeg 5

Na amodeigete 611 To X, = 1 gival To povadiké kpiciyo anueio NG f.
Movadeg 8

i)  Na amodeifete 611 n e€iowonf(Xx) =0 éxer povadikq pi¢a oto (0,+0).
(Movdadeg 3)

TEAO> 3HY AIIO 4 EAIAE>
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A4.

o0k

APXH 4H> YEAIAAY - NEO & TTAAAIO X YSTHMA
ENDANAAHITIKEY " HMEPHYIQN

ii) Av E civai 10 €ufaddév T1OU Xwpiou TTOU TrEPIKAEiETAl amd TN YPAPIKNA
mapdotaon g f, Tov afova twv X kai Tig guBeieg X =1 kal X = X, 6ToU X,

n novadikr pida Tn¢ e€icwong f(X) =0 oto (0,+0), va amodeitete 6T

E_ —x02—2xo+2'
2
(Movdadecg 4)
Movadeg 7
Av F eival pia rapdyouca me f oto [1,4+o) va amodeigete 6T
(X +1)F(x)>xF(1) + F(x*), wyiakade x> 1.
Movadeg 5

OAHTI'IEZ (via Touc e€eTalopyévouc)

210 €§WQUAAO TOU TETpadiou va ypawete 1O e€eTalduevo NABnUa. 1o eCW@PUAAO
MAVW-TTAVW VA CUUTTANPWOETE TA ATOUIKA Ca¢ OToIXEia. XtV apxn Twv
ATTAVTACEWV O0G VO YPAWETE TTAVW-TTAVW TNV NUEPOMNVia Kal 1o egeTtalduevo
MaBnua. Na unv avtiypdyeTte 1a Béuarta oto TETPAdIO Kal va HNn YPAWETE TTouBevd
OTIC ATTAVTACEIC oag TO dvoud oag.

Na ypAweTe TO OVOUATETTWVUNS GO OTO TTAVW MEPOC TWV PWTOAVTIYPAPWY ANETWS
MOAIC cag TTapadoBouv. TuxOv ONMEIWOEIG OOa¢ TTAvw oTa Bépara dev OBa
BaBuoAoynboulv o€ Kapia mepiTTTwon. Kard tnv atTroxwpnon cag va TapadwoeTe
padi ye 1o TETPAdIO KAl TO QWTOAVTIYPAPA.

Na atraviioete oto TETPAdIO cag o€ OAa Ta BEpATA HOVO UE UTTAE | HOVO PE paUpo
OTUAOG pE peAdvi TTou dev ofivel. MoAUBI emitpeTeTal, HOVO av 10 {NTAEI N EKPWVNON,
Kal HOVo yia TTiVaKeS, S1aypPANMATA KATT.

KdBe atrdvrnon €mIOTNUOVIKA TEKUNPIWPEVN Eival ATTODEKTH.

Aldpkeia e€€taonc: TpEIS (3) WPES META TN dIAvVOoU TWV QWTOAVTIYPAPWV.

Xpodvocg duvartng amoxwpenong: 18.30

ZAZ EYXOMAZTE KAAH ENITYXIA

TEAOZ MHNYMATOZ

TEAO> 4HY AIIO 4 EAIAE>






