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APXH 1HY SEAIAAY - " HMEPHYION & A” EXTTEPINQN
ENANAAHNTIKEZ MNANEAAAAIKEZ EZETAZEIX

" TAZHZ HMEPHZIOY KAI A" TA=HZ EZIMEPINOY N'ENIKOY AYKEIOY

TPITH 5 ZENTEMBPIOY 2017 - EEETAZOMENO MAOHMA:

MAGHMATIKA NMPOZANATOAIZMOY
2YNOAO ZEAIAQN: MNMENTE (5)

OEMA A

Al.

A2.

A3.

Eotw pia ouvaptnon f opiopévn oe éva didotnua A kai X, €va ECWTEPIKO onpeio
Tou A. Av n T mapouaiael Tomkd akpdTaTo GTO X, Kal gival TTapaywyioiyn oTo
onueio auto, ToTe va amodeigete o f'(X,) =0.

Movadeg 7

OewpPrnoTE TOV TTAPAKATW IOXUPIOUO:
«[a kGBe ouvdapTtnon f opiopévn Kal dUo @opég Trapaywyioiun oto R, av yia

kémoio X, € R 1oxver f'(x,) =0, 167¢ T0 X, €ival Béon onpeiou kapTmg TG .

a) Na XapakTnpioeTe TOV TTAPATIAVW IOXUPIOUO YPAPOVTAG OTO TETPAdIO 0ag TO

ypauua A, av gival aAnBnig, f o ypduua W, av givar yeudng. (Movada 1)
B) Na aImioAoyAoETE TNV ATTAVTNOT 0AG OTO EPWTNHA Q). (uovadeg 3)
Movadeg 4

Na ypawere oro 1€TpAdI6 O0A¢ TO ypAuUUA TTOU QVTIOTOIXEI OTH Qpdaon n
oTToia CUNTTANPWVEI CWOTA THV NUITEAN TTPOTAON:!

Ma k&6 ouvexn ouvaptnon f:[a,B] > R avioxue f(a)- f(B) > 0, 1é1e
a) n eCiowon f(X) = 0 dev é€xel Auon oTo (a,B).

B) n eCiowaon f(X) =0 éxer akpiBwg pia Alon aTo (a,B).

y) negiowaon f(X) =0 éxel TouldyioTov duo AUoeig aTo (a,B).

0) Ogv UTTOPOUNE VO £XOUNE CUPTTEPACHA Yia TO TTAABOG Twv AUCEWYV TNnG £gicwong
f(X) = 0 oo (a,B).
Movadeg 4

TEAOZX 1H¥ ATIO 5 ZEAIAEX
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A4,

APXH 2HY SEAIAAY - " HMEPHYION & A” ESTTEPINQN

Na xapaktnpioere T1IC TTPOTACEIC TTOU AKOAOUBOUV ypd@ovrag oTo TETPAdIO 0ag,
OiTTAa 1o ypduua 1mou avrioToixEi o€ KABe mpdoraon, 1 Aéén ZwaoTo, av n mporacn
givar owaorn, n Ad@og, av n mporaon ivai Aavlaouévn.

a) Ta kaBe ouveyry ouvdpmon f:[a,p] > R, av G sivar yia mapdayouoa g f

o70 [a,B], 6T j “(x) dx= G(at) - G(B).
B

B) Mia ouvdptnon f Aéyetan yvnoiwg augouoa oe éva dlaoTnua A Tou Trediou
opiopoU NG, av UTtdpxouv X,,X, € A pe X, < X,, wote f(x;) < f(x,).

Y) Av éva onueio M(a,f) avikel oTn ypag@ikK TTapAacTacn MIAG AvTIOTPEWIUNG
ouvaptnong f, 161e 10 onueio M'(B,a) avAkel oTn ypagikl TTapdoTtacn C’
me f .

8) Tla kaBe ouvexn ouvdptnon f:[a,pf] &> R, n omoia ival mapaywyioiun oto
(a,B), av f(a) = f(B), Té1e UTTApPXEl akpPIBWG éva & € (a,B) TéTolo woTe f'(E) =0,

g) TNa kaBe ouvexy ouvdptnon f:[o,B] > R, av 1oxve I f(x) dx=0, té1e
p

f(X) = 0 yia k&Be X €[a,B].
Movadeg 10

OEMA B

Aivetar 10 TeTpAywvo ABIA T1ou dimmAavou
oXApatog pe TAeupd& 2cm. Av 10 TeETpdywvo EZHO
EXElI TIG KOPUPEG TOU OTIG TTAeUpéG Tou ABTA:

B1l.

B2.

B3.

B4.

Na ek@pdoete Tnv TAeupd EZ cuvapTtioel Tou
X.

Movdadeg 6 ©

Na amodeitete o111 10  €dBAdOV  TOUu
TeTpaywvou EZHO divetal amd 1n cuvdapTtnon:

f(x)=2x* —4x+4, 0<x<2

Movdadeg 4

Na Bpeite yia 1moIEC TINEG TOU X TO €uPadov Tou TeTpaywvou EZHO
YiveETal EAAXIOTO KAl YIQ TTOIEG WEYIOTO.

Movdadeg 9

Na e€etaoete av umapxer X, € [0, 2], via 1o omoio 10 eppadov f(X,)

TOU QVTioTOIXOU TETpaywvou EZHO 1co0tar pe 4€™ +1 cm?.

Movdadeg 6

TEAOZX 2HY ATIO 5 ZEAIAEX
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OEMA T

‘Eotw ouvdaptnon f, opiopévn kal mapaywyioipyn oto didotnua [0, 3], yia
TNV ommoid yvwpileTe TA £ENG:

r1.

r2.

r3.

r4.

e H ypa@iki mapdoTacn Tng f’ divetal oo TAPAKATW OXNAuaA:

A

A 4

f(0)=2,f(1)=0
To epPaddv TOU XWwpPIiou TIOU TIEPIKAEIETAlI HETAEU Tn YPAQPIKAG
mTapdoTaong TngG f” ka1 Twv guBeIv x=0 kal x=3 IcoUTal ME 8 T.M.

H f dev IkavoTolei TIG UTTOBEC0EIC TOU BewpPnMUATOG EVOIAUHEOWY TIHWV
oT1o didoTnua [0, 3].

Na amodeiete o611 f(3) = 2, f(2) = —2 ka1 va Bpeite, av umdpyouyv,
T Cimm, (1m X
1 [nx x>0 f(x)-2

, OIKAIOAOYWVTAG TIG ATTAVTACEIG OAG.

Movadeg 8
Na TpoodiopiceTe Ta dlacTApata oTta otoia n f eivar yvnoiwg
augouoca, yvnoiwg @Bivouoa, KupTh, KOiAn Kal TIG BE0EIC TOTIKWYV
AKPOTATWY Kal onueiwv KaptAc Tn¢ f.

Movadeg 8

Na ammodeifete OTI umtdpxel povadikod X°€(2,3) yla 170 oTmoio O¢gv

utTrdpyel To lim ——

X=X, f(x)
Movadeg 5
Na oxedidoeTe Tn ypa@ik mapdotacn Tng f.

Movadeg 4

TEAOY 3HY AIIO 5 SEAIAEYS
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APXH 4HY SEAIAAY - " HMEPHYION & A” EXTTEPINQN
OEMA A

Aivetan n ouvéaptnon f(X) =+ 2, Xx=0

Al. Na amodei€ete 611 n f 010 Sidotnua [0, 2] ikavotoiei Tig uTToBé0oelg
TOU BewpnuaTog Yéong TIMAG.

Movdadeg 2
Av n f eival ouvexic oto medio opiopoU TNG, TOTE:
A2. Na Bpeite Tnv i Tou A €R .
Movdadeg 2
A3. Na pyeAeTAoeTe TN povoTovia TnG ouvdptnong f,
Movdadeg 8
, , 2 31
A4. Na amodeigete 61i: W< | f(x) dx < 7—1_
2
Movdadeg 7

, . , =TT =T —X , ,
A5. Na amodeifete 0TI n €&iowon f(7-x):f(7-e ) éxer povadikA

AUon oTo (0,1). " s
ovadeg 6

TEAOX 4HZ ATIO 5 ZEAIAEX
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APXH 5HY SEAIAAY - T HMEPHXIQN & A ESTTIEPINGQN
OAHrIEX (via Touc eEeTalopuévouc)

1. Zto €§wW@UAAO ToU TETPAdIOU va YPAWETE TO ECETACOUEVO NABNUA. ZTO ECWEQUAAO
TMAVW-TTAVW VA CUPTTANPWOETE T QATOMIKA OOG OToIXEia. XTRV apXn Twv
ATTAVTACEWV O0G VO YPAWETE TTAVW-TTAVW TNV NUEPOMNVIA Kal TO €GETACOPEVO
pNABnua. Na pnv avTiypayere 1a Béuara oTo TETPAdIO KOl VA MN YPAWETE TToubevd
OTIG ATTAVTHOEIG 006 TO OVOUA 0OG.

2.  Na ypAyeTe TO OVOUATETTWVUNO OOG OTO TTAVW PEPOG TWV QWTOAVTIYPAPWY AUECWS
MOAIG cag TrapadoBouv. TuxOov OnMEIWOEIS O0g TTAvw oTa Bépara dev Oa
BaduoAoynBouv og Kapia TePITTTWON. Katd Tnv attoxwpenor] oag va TTapadwoETeE
padi ge To TETPABIO KAl TA GWTOAVTIYPAPQ.

3. Na ammavrioete oTo TETPABIO oag 0 OAa Ta BEUATa pévo pe PUTTAE A pévo e paupo
OTUAG e peAdvi Tou dev OB Vvel.

4, Kdabe atrdvrnon mMOTNHOVIKA TEKUNPIWMEVN €ival ATTOOEKTT).

5.  Aidpkela eg€taong: TPEIG (3) WPEG PETA TN dIAVOUL TWV PWTOAVTIYPAPWV.

6. Xpovog duvaTtig ammoxwpnong: 17:00

2AZ EYXOMAZTE KAAH ENITYXIA

TEAOZ MHNYMATOZ

TEAOZX SHX ATIO 5 ZEAIAEX





