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NMANEAAAAIKEZ EZETAZEIZ
A" TA=ZHZ EZMNEPINOY ENIKOY AYKEIOY
KAI EMAA (OMAAA B)
AEYTEPA 25 MAIOY 2015
EZETAZOMENO MAOHMA:

MAOHMATIKA OETIKHZ KAl TEXNOAOTIKHZ KATEYOYNZHZ
ZYNOAO ZEAIAQN: TEZZEPIZ (4)

OEMA A

A1. Eotw pia ouvdptnon f, n omoia civar opioyévn oe éva KAeigTod

didotnua [a,B]. Av:

e n f eival ouvexnc oto [a,B] kai

o f(a)=1(B),
16T va amodeifete OTI yia kABe apiBud N peralu twv f(a) kar f(B)

uTTdpxel évag Touhaxiatov X, e€(a,B), Téroiog worte f(X,)=n.

Movadeg 7
A2. ‘Eotw pia cuvaptnon f kar X, éva onueio tou mediou opiopol 1Tng. lMoTe
B8a Afpe o1 n f eival ouvexig oT1o Xg;
Movadeg 4
A3. ‘Eotw pia cuvdptnon f pe medio opiopou A. Noéte Aépe o611 n f
Tapouciadel oto X, € A ToTikd €AGXIOTO;

Movdadeg 4

A4d. Na xapakrnpioere 11¢ mpordoeic mou akoAouBolv, ypdeovra¢ OrTo0
TETPGOI6 gacg, OimAa oro ypduua mou avrioToIxeEli o KGBe mpdraon, ™
Aéén Zworo, av n mporaon eivar oworn, n Aabog, av n mpdraon €ivai
AavBaouévn.

a) Av yia 0o ouvaptioceic f, g opifovral o1 guvaptiosig fog kar gof,
16TE 10XUel Mavtote 611 fog = gof.

B) H diavuopartiki aktiva Tng dlagopd¢ Twv Hiyadikwv a+Bi kai
y +0i gival n d1a@opd Twv S1AVUCHATIKWY AKTIVWV TOUG.
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y) Ta kd8e xeR 1oxter 611 (OUVX) = nux.
8) MNa kabe zeC 1ox0el 611 Z+Z=2Re(2z).

g) Av lim f(x)=0 ka1 f(x) >0 kovra ato X,, 167¢ lim L:+ 0.

X—Xg X—>Xg f(X)
Movadeg 10
OEMA B

OecwpoUpe TOUG MIYadikoUg aplOuolg z yia TOUG OTTOIoUG IOXUEL:
|lz—4|=2|z-1].

B1. Na amodeifete OTI 0 YEWMETPIKOG TOTTOGC TwV €IKOVWY QUTWV TwWV
MIYadikwv apiOPgwy Z €ival KUKAOG ME KEVTPO TNV apXn Twv afdvwv Kal
akTiva p=2.

Movadeg 7

2z z

1 + 2

Z, Z,

B2. Eotw w-= , 0TToU Z,, Z, dU0 pIyadikoi apiBuoi Tou epwTANATOG

B1.
Na atmrodeigete 611!

a) O W gival TpaypaTtikog Kal
(Movadeg 4)
B) -4<w <4,
(Movadeg 7)
Movadeg 11

B3. Av w=-4, 6mou W sival o piyadikdé¢ apiBuo¢ tou epwtpaTto¢ B2, va
Bpeite Tn oxéon mou ouvdéel Toug MIyadikoUg apiBuoug z,, Z, Kal va
atodeifete 611 TOo Tpiywvo ABT pe kopugég Tig eikéveg A(z, ), B(z,), M(z,)

TWV HIYadIKwy apiBpwy z,, Z, Kal Z,, JE Z,;=2iZ,, €ival I000KEAEC.

Movadeg 7
OEMAT
1
Aivetal n ouvdaptnon f(x)= , Xe R,
x? +1
M. Na BpeBei To guvoro Tipwv Tn¢ f.
Movadeg 5
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2
r2. Na amodeifete 61 f(f(x)) > — v k&6t X € R.
Movadeg 6
3. Na umoAoyioete 10 6pI0
2
f(1+ x)—£
lim 2
x—0 X
Movadeg 6
F4. Na Bpeite 116 €liowoelig 6Awv TwWV €QATITOYEVWY TNG  YPAPIKAG
mapdotaong tn¢ f mou Sigpxovral amoé 1o onueio (3,0).
Movadeg 8
©OEMA A

Aivetal n ouvexng ouvdaptnon f:R —> R vyia tnv omoia 1oxuer 6T

A1.

A2.

A3.

A4,

1
xf(x) +ovovx=1-x’nu—, yia k&6e x 0.
X

1- ovvX

1
—Xnu—, X0
Na amodeigete omi f(x) = X TIMX

0 , Xx=0.
Movadeg 6
Na utrohoyioete tnv mapdywyo f'(X) 1n¢ ouvaptnone f yia ka8e x = 0.

Movadeg 6

Na amodei€ete 611 n f éxel 010 +0 opiévria aoUPUTTWTN TNV cubtia

y=—1.
Movadeg 6

Na amodeifere om n e€iowon f(x)=0 éxer pia touhdxiotov pila oTo

) 1
diaotnua (— , + o).
T

Movadeg 7

TEAO> 3HY AITIO 4 SEAIAES



AvakTtrenke ammé Tnv EkmraideuTiky KAipoka

http://edu.klimaka.gr
APXH 4HY SEAIAAY - A'ESTIEPINGQN

OAHTIIEZ (via Touc efeTalopuévouc)

1. Z710 e§w@uUAAO TOU TETPpAdiou va ypdyete 10 egeTaldpevo yabnua. XT1o
EOWPUAAO TAVW-TTAVW VA OCUUTTANPWOETE TA AQATOMIKA OTOoIXEiQ
MaBNTA. ZTNV apXn TwWV ATAVTIACEWV OAG VA YPAWETE TAVW-TTAVW
TNV nuepopnvia kal 1o e€getaldpevo padnua. Na pnv avtiypaweTe 1a
Béuarta oT0 TETPADIO KAl vaA MIN YPAWETE TTOUBEVA OTIC ATTAVTAOEIC OAG
10 dvoud cag.

2. Na ypdyeTe TO OVOMATETTWVUNS 0AG OTO TTAVW HEPOS TWV QWTOAVTIYPAPWYV
auéowg MOAIC cag mapadobolv. TuxXO6v ONMEIWOEI§ OO0G TTAVW OTdA
Oépata Oev Ba PBaBpoAoynBouv og kapia TmepiTTwon. Kard Tnv
amoxwpnon oa¢ va Tmapadwoete pali pge 1O TETPAdIO KAl TA
pwToavTiypaoga.

3. Na amaviioete 010 TETPAdIO oag o¢ SAa Ta BEpaTa HOVO Pe UTTAE 1)
HOvo pe paupo OTUAO Pe PeAdvi TTou Oev ofAvel. MoAUBI emiTpéTTeTal,
HOévo av 10 {nTdcl n ekQwvnon, Kai gévo yia mivakeg, dlaypdaupata
KATT.

4. KdBe amdvinon mMICTAMOVIKA TEKUNPIWMEVN €ival aTTodeKTH.

5. Aidpkela e€g€raong: TpeIig  (3) wpeg deTa 1N diavouni  Twv
pwTOoAVTIYPAQWYV.

6. Xpévog duvarri¢c amoxwpnong: 10.00 ..

ZAZ EYXOMAZTE KAAH ENITYXIA

TEAOZ MHNYMATOZ
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