AvakTtrenke ammé Tnv EkmraideuTiky KAipoka
(http://edu.klimaka.gr)

APXH 1HY YEAIAAY - " HMEPHZXIQN

NMANEAAAAIKEZ EZETAZEIZ
" TAZHZ HMEPHZIOY N'ENIKOY AYKEIOY
KAI EMNAA (OMAAA B)
AEYTEPA 20 MAIOY 2013 - EEETAZOMENO MAGHMA.
MAOHMATIKA KAI ZTOIXEIA ZTATIZTIKHZ FENIKHZ MNMAIAEIAZ
2YNOAO ZEAIAQN: MNMENTE (5)

OEMA A

Al.

A2.

AS.

A4.

Na atmmodeifete 0TI n Mapdywyog TNG TAUTOTIKAG aguvdapTtnong F(X)=x eivail
f'(x)=1, yia kaBe xeR
Movadeg 7

‘EoTw pia ouvdptnon f pe medio opiopol A. Mote Aépe 611 n cuvapTnon

f mapouoidder Tomiké eAAXIOTO OTO X, € A;
Movadeg 4
Na dwoeTte Tov opIOPO TNG dlapéoou (O) evog deiyuaTog v TTAPATNPAOCEWV.
Movadeg 4

Na xapaktnpioere 1IC TPOTAOEIS TTOU akoAouBouv, ypdgovrag oTo TETpadido oag, ditTAa
OTO ypauua T1ToU QvTioToIxeEl o€ KGBe mmporaon, 1tn Aéén Zworo, av n mporacn &ivai
owartn, n Ada@og, av n mpdoraon givar Aavlaouévn.

a) Ta Tt ouvaptnon f(x) :l, X # 0 1oxUel om f'(X) :iz (Movadeg 2)
X X

B) Tia 10 yivopevo dU0 TTapaywyiolgwy cuvaptAcewyv T, g 1oxlel 611

(F(x) 9(x)) =F'(x) () +f(x) g'(x)
(Movadeg 2)

Y) To paBddéypauua XpnOIYJOTIOIEITAI yIa Tn ypa@IKn TTapdotacn Twv

TIMWV PIAG TTOOOTIKAG METABANTAG. (Movadeg 2)

8) H didpecog civalr éva pétpo Béong, 10 oToio emnpedleTal amd TIg
aKpPAieg TTapaTnPAOEIG. (Movadeg 2)

€) Ta dUo evdexdueva A kot B evdg deiypatikol xwpou Q pe AcCB,
ioxuer 611 P(A) > P(B) (uovadeg 2)

Movadeg 10

TEAOX 1H> AIIO 5 ZEAIAEX
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APXH 2HS SEAIAAY - T HMEPHZIQN

OEMA B
AiveTal o Oe1yPaATIKOG XWPOG Q:{col,wz,(og,%} Kal Ta evOeEXOMEVQ
A={o,0,} «ar B={o,0,}

Mo T1g MBavOTNTEG TV ATADY evdexopévwy {o,} kar { ®,} Tou Q 10xUer OTI:

1. XP+x+1-1
’ P(wl):_ixlgr—]l X3+ x?
e H P(w;) eival ion pe 10 pubpd petaBoing tng f(X) wg mpog x, 6Tav x=1,
oTTOoU
X
f(x)=§Inx, x>0

B1l. Na amodeigeTe OTI P((ol):% Kal P(0)3)=%

Movadeg 10

SP(A’)S%, omou A’ TO CUUTTANPWHATIKO Tou A.

1
B2. Na amodeigeTe OTI 3

Movadeg 7

B3. Av P(A’):%, T6TE va Bpeite TIg MBavoTnteg P(w,), P(w,), P[(A-B)uU(B-A)]
kai P(A'-B"), émmou B’ 10 cupmAnpwpartiké Tou B.

Movadeg 8

OEMA T

Oewpolpe €va deiypa v TapaATNPNOEWY PIAG ouveXOUG TTOCOTIKNAG MeTaABANTAG X,
TIG OTTOieC opJadoTToloUE O€ 4 1I00TTAATEIC KAQOEIG.

AiveTal oTI:
e n MIKPOTEPN TTapathpnon €ival 50
e N KEVTPIKA TIMA TNG TETAPTNG KAAoNng eival X, =85

e N OXETIKN ouxvotTnTta Tng TETAPTNG KAAoNG €ival OITTAGOCIQ TNG OXETIKNAG
ouxvoTNTaG TNG TPITNG KAAONG

n OIGUECOC TWV TTAPATNPRCEWY Tou deiyyaTtog eival 0=75

Kdl

n MéON TIMA TwV TTapaTnPAoewyV Tou deiypdaTog gival x=74

TEAOX 2H> AIIO 5 ZEAIAEX
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APXH 3H> SEAIAAS - T" HMEPHYION

M. Na amodeifete 611 TO MAdTOC €ival ¢ =10
Movadeg 4
2. Na JeTa@QEépeTe OTO TETPADIO OAC TOV TAPAKATW TrivaKa CUMTTANPWMHEVO
owaoTd
KeVvTpIKEG 2XETIKN
KAdoelg Tipég Zuyxvoertnta
X; f
[.-)
[.-)
[.-)
[.-)
2UVOoAO
Movadeg 8
r3. Aiverai6mn f,=01,f,=0,3 ,f,=0,2 ka1 f, =0,4
Na atmodeigete o611 n pEoOn TIWA TWV TTAPATNPROEWYV, TIOU Eival
. . 200
MIKpOTEPEC TOU 80, €ival =
Movadeg 7
r4. EmiAéyoupe K TTaApaATNPNOEIC TOU ApPXIKOU Odeiyyatog ME K<V, Ol OTIOIEG
aKoAouBoUv KAaVOVIK] KATAVOMN JE
e T0 2,5% TWV TAPATAPNOEWY AQUTWYV VA €ival TOUAAXIOTOV 74
e T0 16% TWV TTAPATNPNOEWY AUTWYV Va €ival TO TTOAU 68
Na Bpeite Tn MEON TIMA KAl TNV TUTTIKA ATTOKAION TWV TTAPATNPACEWY AUTWYV
KabBwg Kal va efeTAOETE av To Odeiyya TwWV TTAPATNPACEWV AUTWV Eival
OMOIOVEVEG.
Movadeg 6
OEMA A

O@ewpolpe Tn ouvdptnon f(x)=xInx+K, x>0, 6TTou K aképaiog pe K>1 kal Tnv
EQATITOPEVN (€) TNG ypa@IikAg mapdotaong tng f oto onueio (1,f(1)), n otmoia
oxnuaTilel ye Toug dfoveg, Tpiywvo eupadol E, ye E<2

A1.

Na atmodeifete 0TI K =2

Movadeg 5

TEAO> 3H> AITO 5 SEAIAEY
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A2.

AS.

A4.

APXH 4HY YEAIAAY - " HMEPHYIQN

Eotw X, X,, ..., Xgg Ol TeETUNMEVEG 50 onueiwv Tng (g) Twv OToOiWV Ol

QVTIOTOIXEG TETAYMEVEG TOUG £XOUV PEON TIUN §=31
a) Na atmodeiferte OTI x =30 (Movadeg 2)
B) MNa TiIg TETUNPEVEG TWV TTAPATTAVW ONUEIWY BeEwpPOUPE OTI :

KaBe pia ammd TIg TETUNUEVEG X, X,, ...y X,y AUEAVETAI KATA 3, OI ETTOPEVEG

15 teTunuéveg Tmrapapévouv OTaBEpPEG KAl KABe pia amd TIG UTTOAOITTEG
ehaTTwveTal Katd AeR pe A>0.

Na Bpeite TO A, WOTE N vEQ PEON TIPA TwV TETUNUEVWY va gival ion pe 31
(Movadeg 4)

Movadeg 6

Av §<G<B<y<e e a®-BP-y' =e’, 161e va Bpeite TO0 €Upoc R Kal TN
Méon TN Twyv TIHWV f(a),f(B), f(y),f(e), f’(%), otrou f(x) =xInx +2

Movadeg 7
@ewpoUue TOV OEIYMATIKO XWPO

Q:{tn, n=123,..,30: 0<t, <t, <...<t, <1<tll<...<t30 =1}
e

ME 100TTiBava atmAd evdexOpeva, KABWGS Kal Ta evOEXOUEVA

A={teQ: n epamTopévn TNG YPAPIKAG TTapdoTtaong Tng f oto onueio
(t.f(t)), va oxnpariger ue Tov agova Xx'x ofeia ywvia },

B={teQ: f(t)>f(t)+1},

omrou f(t)=tint+2

Na BpeBouv o1 TIBavAoTNTEG:

a) va TpaydatoTroinBei to evoexouevo A (Hovadeg 3)

B) va mTpayuartotmoin@ouv ouyXpovwg Ta evdexopeva A kal B (povadeg 4)
Movadeg 7

TEAOX 4H> AIIO 5 ZEAIAEX
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o O b

APXH S5HY YEAIAAY - TP HMEPH>IQN
OAHTIEZ (yia Touc e€sTalopévouc)

2170 eEWQUAAO Tou TeTpadiou va ypdywete 1O eeTaldpevo padONUa. Z10
ECWQUAAO TTAVW-TTAVW VA CUPTTIANPWOETE TA ATOUIKA OTOIXEIA gadnTr. Z1NnV
apYnN TWV ATMOVTIACEWY 0a¢ va ypAayeTe TTAVW-TTAVW TNV nUEPOMNVIA Kal TO
eCetalduevo pabnua. Na pynv avriypdweTe Ta BEpaTa OoTO TETPADIO KAl va
MNV YPAWETE TTOUBEVA OTIGC ATTAVTHOEIG 0AG TO OVOud 0agG.

Na ypAWeTE TO OVOMATETTWVUPO O0OG OTO TTAVW HEPOG TWV QWTOAVTIYPAPWYV
auéowg PMOAIG oag TTapadoBouv. TuxOov oNUEIWOEIC 0aC TTAVW OTa BépaTta dev
8a BaBuoAoynBouv og kapia mepimTwon. Katd Ttnv amoxwpnorn oag va
TAapadWoeTe Paldi e TO TETPADIO KAl TA QWTOAVTiypaQaA.

Na atravToeTe 010 TETPAdIO oag g¢ OAa Ta Béyata HOvVo pe PNTTAE 1] pOvo
ME HAUPO OTUAO pe peAAVI TTou dev ofBnivel. MoAuBI emiTpémmeTal, yévo av 10
{ntdel n ekpwvnon, kai MONO yia TTivakeg, diaypauuaTa KAT..

K&Be amrdvinon €mMICTNUOVIKA TEKUNPIWPEVN €ival ATTOOEKTR.

Aldpkela e¢€taong: TpeIg (3) WPeG PETA TN SIAVOUN TWV QWTOAVTIYPAPWV.
Xpbévog duvaTtng ammoxwpnong: 10.30 ..

KAAH ENITYXIA

TEAOZ MHNYMATOZ

TEAOX SH> AIIO 5 ZEAIAEX






