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APXH 1H> SEAIAAY - T" HMEPHYIQN
NMANEAAAAIKEZ EZEETAZEIX
" TA=HZ HMEPHZIOY N'ENIKOY AYKEIOY
NMAPAZKEYH 9 IOYNIOY 2017
EZEETAZOMENO MAOHMA: MAOHMATIKA NMPOZANATOAIZMOY
2ZYNOAO ZEAIAQN: TPEIZ (3)

OEMA A

A1l.

A2.

A3.

A4.

‘EoTtw pia ouvapTtnon f n omoia eival ouvexng oe éva didotnua A. Av

f'(x) >0 oe kGBe eowTepikd anueio X Tou A, 167¢ va amodeigete 611 n f
gival yvnoiwg augouoa oe 6Ao 10 A.

Movdadeg 7
OQewWpPAOTE TOV NAPAKATW IGXUPIOHO:
«KabBe ouvaptnon f, n omoia eivar ouvexnc oTo X,, Eival

TAPAYWYioIYn OTO ONUEIO AUTO.»
a. Na xapakTnpiceTe TOV TAPATTAVW I10XUPIOCUO ypdeovTag OTO
TETPAGOI6O 0ag TO ypapua A, av gival aAnbng, § 1o ypauua ¥, av
givalr yeudng. (Movada 1)
B. Na aiTioAoyfoete TNV aTTAVINON 0OG OTO £pWTNUA a. (Movadeg 3)
Movdadeg 4

Méte Aépe 611 pia ouvaptnon f civar ouvexng oe éva kAsioT1d didoTnua

[a,B];
Movdadeg 4

Na xapakrnpioere TIC TPOTACEISC TTOU akoAoubBouv, ypdeovrag OToO
TETPAdI0 oag, OiTAa OoT0 ypduua 1TOU aVvTIOTOIXEI 0 KABe mpdodraon, 1
Aéén ZwoTtd, av n mporaon civar cworn, H Aa@og, av n mpdraon givai
AavOBaouévn.
a) MNa kaBe gelyog ouvaptinoewv f:R >R kai g:R—>R, av
lim f(x) =0 kar lim g(x) =+, 167¢ lim [f(x)-g(x)]=0.
X—> Xq

X—> Xg X— Xg

B) Av f, g cival d0o ouvapTiocig e media opiopol A, B avrioToixa,
167 n gof opiCetar av f(A)(1 B J.

v) TNa kaBe ocuvaptnon f:R > R mou civar mapaywyioiyn kar dev
mapouaialel akpotarta, ioxvel f'(X)#0 yia kabe xeR.

5) Av O<a<1, 16t lim o = +o0.

X—> —o0

g) H eikova f(A) evég diaotAuatog A péow Piag ouvexoUg Kal Wn

otaBepri¢c ouvaptnong f cival didoTnua.
Movadeg 10
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APXH 2H> YEAIAAS - T" HMEPHZIQN
OEMA B

X
AivovTal o1 guvapTtioeig f(x)=4nx, x>0 kar g(x)= . x#1.
— X

B1. Na mpoodiopioete Tn ouvdptnon feg.
Movdadeg 5

B2. Av h(X)=(fog)(X)=Zn(1LJ, x € (0,1), va amodeifete 611 n ouvdptnon

h avrioTpégeTal kal va Bpeite TNV avtioTpo@n TnG.

Movdadeg 6
B3. Av ¢(X)=h"(x)= el X € R, va yeAetioeTte Tn ouvdptnon ¢ wg Tpog
e +
TN govoTovia, Ta akpOTATA, TNV KUPTOTNTA KAI TO ONUEIA KAPTIAG.

Movadeg 7

B4. Na Bpeite 11 0pIfOVTIEC ACUUTITWTEG TNG YPAQPIKAG TTapAcTAong TNG
ouvaptnong @ kail va Tn oxXedIAOETE.
(H ypa@ikn TapdoTtaon va oxedla0TEl HE OTUAG.)
Movadeg 7

OEMAT

Aivetal n ouvaptnon f(X)=-nux, x €[0,n], ka1 To onueio A(g,—g) .

M. Na amodeigere 611 umdpxouv akpiBwg duo e@amtopeves (g,), (e,) NG

ypa@ikA¢ mapdotaong tng f mou dayovrar amd T0 A, TIC OTOIEC KAl Va

BpeiTe.
Movadeg 8

r2. Av (g) y=-X kai (&) Yy=X—7 eival ol eubeieg Tou epwTthpaTog M1,
T0Te va oxedidoeTe TG (g,), (€,) Kal TN ypagikn mapdotaon 1Tng f kal va

2

atmodeifeTe 6TI — = — —1, 6TTOU:

E, 8

e E, €ivar To euPaddv Tou xwpiou Tou TepikAgieTal amd TN ypaAQIKA
mapdotaon tng f kai Tig euBeieg (g,), (g,), Kai

e E, eival 1o epBadov Tou xwpiou Tou TepikAgieTal amd TN ypPAQIKA

mapaotaon Tn¢ f kal tov a€ova X'X.
Movdadeg 6

. . . f(x)+ x
3. Na umoloyioete 70 6pio lim——m———— |
orf(X) =X+ 7
Movdadeg 4
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r4.

APXH 3HY SEAIAASY - T" HMEPHXIQN
[f(x)
X
Na atrodeifeTe OTI j— dx > e—-1-7 .
X
:

Movdadeg 7

OEMA A

Aivetar n ouvdaptnon f(x) =

A1,

A2,

A3.

A4,

Ax*,  xe[-1,0)
enux, Xel0,n]

Na Seigete 611 n ouvdptnon f eival cuvexrng ato didotnua [-1,n] kail va

BpeiTe Ta Kpiolga onueia TnG.
Movdadeg 5

Na peAetAoete Tn ouvdptnon f wg mpog Tn povotovia kal Ta akpdTarta,
Kal va BPeiTe To oUVOAO TIHWV TNG.
Movadeg 6

Na Bpeite 10 g¢upfaddv Tou Xwpiou TToOU TEPIKAEIETAlI ATTO TN YPAQPIKN
mapdoTtaon Tn¢ f, TN ypagikn mapdoTtacn Tng g, pe g(x)=e*, xeR,
Tov afova Y'ykal Tnv gubcia X =T .
Movdadeg 6
3n 3n
Na AUoete Tnv eéiowon 16e 4f(x)—e *(4x—3n)’ = 82
Movdadeg 8

OAHTIIEZ (yia Touc e€eTalopévouc)

210 €EWQUAAO TOoUu TeTpadiou va ypdwete 1O efeTtalduevo padBnua. XTo
EOCWQPUAAO TMAVW-TTAVW VO CUUTTANPWOETE TA ATOMIKA OTOIXEia padbnTh.
ZTnV apXn TWV ATMAVTACEWY 00¢ VA YpAYWEeTE TAVW-TTAVW TNV nUEpOPNnvia
Kal 70 €geTalopevo pabnua. Na pnv avrtiypdyete 1a Bépata oto TeTpddio
KOl vo 4N YPAWETE TTOUBEVA OTIG ATTAVTHOEIG OOG TO OVOUA 0QG.

Na ypAWeTE TO OVOUOATETTWVUMO 0AG OTO TTAVW MHEPOG TWV QWTOAVTIYPAPWYV
auéowg HOAIG cag TTapadoBouv. TuXOv ONUEIWOEIG 00G TTAVW OTA BépaTa dev
0a BadBuoAoynBolv oe kKapia mepimTwon. Kard tnv amoxwpnon oag va
TapadwaoeTe padi e 7o TETPAdIO KAl TA QWTOAVTiypa@a.

Na aTTavTAoeTe OTO TETPADSIO 0ag 0 OAa Ta BEPaTa MOVO PE PTTAE 1 poévo
ME MOQUPO OTUAOG pe pgeAdvi TTou dev afrivel. MoAUBI emiTpétmeTal, pyévo av 1o
{nTdel n eKQwWvNOon, Kal yOévo yia TTiVakKeg, d10YPAUUATA KATT.

KaBe amdvinon €mMIOTAPOVIKA TEKUNPIWHPEVN €ival ATTOOEKTH).

Aildpkela e¢€taong: TpeIG (3) WPEG HETA TN OIAVOMUN TWV QWTOAVTIYPAPWYV.
Xpovog duvatng atmoxwpnong: 10.00 ..

2ZAZ EYXOMAZTE KAAH ENITYXIA
TEAOZ MHNYMATOZ
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