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NMANEAAAAIKEZ EZETAZEIZ
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EZEETAZOMENO MAOHMA: MAOHMATIKA NMPOZANATOAIZMOY
2ZYNOAO ZEAIAQN: TEZZEPIZ (4)

OEMA A

A1l.

A2.

A3.

A4.

‘Eotw pia ouvaptnon f, n omoia civar opiouyévn oe éva KA£ioTo
diaoTtnua [a, B]. Av

e n f eival ouvexneg oto [a, B] kai

o f(a)=f(B).
va amodeifete OTI yia KGBe apiOud n petagu twv f(a) kai f(B) umdapyxel
évag Touhdaxiotov X, € (a, B) Tétoiog, wote f(X,)=n.
Movdadeg 7

MNéte pia ouvaptnon f eivar mapaywyioiun oe éva kAeloT6 di1doTnua
[a, B] Tou Tediou opiouoU TNG;

Movdadeg 4

OewpnNOTE TOV TTAPAKATW IOXUPIOHO:
«lMa kaBe ouvaptnon f, oplopévn, Tapaywyioiuyn Kal yvnoiwg avouvoa
oto R, 1oxoer f'(x)>0».
a) Na XapakTnpioeTe TOV IOXUPIOUO, YpA@ovTag OTO TETPADIO 0AG TO
ypauua A, av gival aAn@ng, ) 1o ypdupa W, av cival yeudAg.
(Movada 1)
B) Na aitioAoyrpoeTte TNV am@dvinor 0cag OTO EPWTNHA a).
(novadeg 3)
Movdadeg 4

Na xapakrnpioere TIC TPOTACEIC TTOU akoAouBouv, ypdeovra¢ OToO
TETPAdI6 oag, OiTAa OoTo0 ypduua 1TOU aVvTIOTOIXEI 0 KGBe mpdodraon, 1
Aéén ZwoTtd, av n mporaon civar cworn, H Aa@og, av n mpdraon €ivai
AavOBaouévn.

: 1 .
a) )I(ILr(l)(sz )=+oo, yia kaBe ve N.

B) Av f, g civar d0o ouvaprtioeigc pe media opiopou A kar B,
avrioTtoixa, 167e n gof opiCetal, av f(A)NB = J.

v) H ypagikn mapdactaon tng ouvdaptnong f(X)=4|X|, xe R éxel
déova ouppeTpiag Tov Y'y.

8) H eikéva f(A) evog diaotApatog A péow piag ouveXoUg Kal un
oTaBepng ouvapTnong cival Tavrta didoTnua.
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g) Aivetal 611 n ouvapTtnon f mapaywyietar oto R ka1 611 n ypagikA
NG TapdoTtaon gival Tavw amd Tov d€ova X'X. Av uTTdpXel KATTO10
onpeio A(X,, f(X,)) Tng Cf, TOU oTroiou n amdéoTaon amo Tov dfova

X'X eivar péyiotn (A €AAGxioTn), TOTE Ot QUTO TO ONMeio n
EQATITOMEVN TNG Cf gival opiCovTia.

Movdadeg 10
©OEMA B
AivovTtal ol OUVOpPTHOEIG:
X+2
f:(1, +0)> R, petomo f(x)= Kal
g:R—> R, peromo g(x)=¢e".
B1. Na mpoodiopioete TN ouvdptnon fog.
Movdadeg 5
e’ +2 ] , , ,
B2. Av (feg)(x)= 1" ue X>0, va amodeifete 611 n ouvdapTtnon fog sival
‘“1-1’ Kal va Bpeite TNV avTioTpo®n TNG.
Movdadeg 8
» X+ 2 . .
B3. Av ¢(X)=(fog) (x)=4n 1) ue X>1, va yeAeTAOETE TN ouvapTnon
¢ wg TTPOG TN YovoTovia.
Movadeg 6
B4. Av @ cival n ouvdptnon tou epwtApatog B3, va Bpedouv Ta 6pia
lImo(x)  ka lim @(x) .
Movadeg 6
OEMAT
AiveTal n ouvexng ocuvdaptnon
1
Tx i, x<0
f(x)=4' % L ue A >0 .
1)
NUX + AOUVX , O<x<7
M. Na amodeifere 611 A=1.
Movdadeg 5
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2. Na amodeifete 0TI opileTal e@amTOoPévn TNG YPAPIKNS TTapdaTtaong ¢ f
oto onueio A(0, 1), n omoia oxnuatifel pe Tov Gfova X'X ywvia ion
T
€ —.
"y
Movdadeg 6
3. Na Bpeite Ta kpioiya onueia g ocuvdaptnong f.
Movdadeg 6
r4. ‘Eva onueio M(a, f(a)), ue o <0, kiveitar otn ypagiki mapdotaon 1ng f.
O puBu6¢ peTaBoAAg TNE TETUNUEVNS Tou onueiou M Sivetal amé Tov TUTTO
: ot)
o(t)=-—.
()=~
H epamtopévn Tng ypa@ikng mmapdotaong tng f oto M 1éuvel Tov afova
X'X ot1o onueio B. Na Bpeite Tov puBpud petaBoAAg TNG TETPNUEVNG TOU
onueiou B 1n xpoviki oTiyun t,, katd TNV omoia TO Onueio M éxel
TeTunuévn —1.
Movadeg 8
OEMA A
Aivetar n ouvéptnon f:R — R pe 1omo f(x)=e*+x*—ex—1.
A1. Na amodeigete o611 umdpxel povadiké X, € (0, 1), oto omoio n f
Tapoualdlel OAIKO EAAXIOTO. ZTn CUVEXEIQ va aTTodeifeTe OTI
f(x,)=x°>-(e+2)x, +e-1.
Movadeg 7
A2. Na umroAoyioete 10 6pIO
. 1 1
im [ — + nu ,
x=>% | f(x)—f(x,) X=X,
émou X, TO onpeio Tou epwtApatog A1 Tou n f Tapouocidlel oAikd
eAaxioTo.
Movadeg 6
A3. Av X, tival To onueio Tou gpwTApatog A1 mou n f Tapoucialer oAikd
ghaxioto, va amodeifete 611 n e€iowon f(X)+Xx =X, yia X € (X,,1) éxel
povadikh pida P.
Movdadeg 5
A4. Av X, gival To onueio Tou gpwtAuatog A1 mou n f mapouciader oAikd

eNdyioTo kAl P e€ival n pida NG €giowong TOoUu egpwThuatog A3, va
amodeigete 6m f(x,) > f(p) (f'(k)+1) yia kabe k € (p, 1).
Movadeg 7
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OAHTIEZ (via Touc €EeTtalopévouc)

210 €EW@UAAO TOoU TeTpadiou va ypdawete TO e€geTaldopevo paddbnua. XTo
EOCWQPUAAO TTAVW-TTAVW VO CUUTTANPWOETE TA ATOMIKA OTOIXEia padOnTh.
ZTnVv apXn TWV AMAVTACEWY 0O¢ va ypdyweTe MAVW-TTAVW TNV nUeEpounvia
Kal 7o €§eTalopevo pabnua. Na pnv avtiypdyete 1a Bépata oto TeTpdadio
Kdal va Jn ypawete mouBevd aAAoU oT1o TeTpddId cag 1o 6voud 0ag.

Na ypAyeTe TO OVOMOATETTWVUMO 0AG OTO TAVW MEPOG TWV QWToAVTIypAd@wv
auéowg MOAIG oag TTapadoBbouv. TuXOv oNUEIWOEIG 00G TTAVW OTA BépaTa dev
0a BaBuoAoynBolv oe kapia mepimTwon. Kard tnv amoxwpnonl oag va
TapadwaoeTe padi e 7o TETPAdIO KAl TA QWTOAVTiypa@a.

Na aTTavTAoeTe OTO TETPADIO 0ag O OAQ Ta BEPaTa MOVO PE PTTAE 1] pOVoO
ME MOQUPO OTUAOG pe pgeAdvi TTou dev afrpvel. MoAUBI emmiTpétmeTal, pyévo av 1o
(nTdel n eKQWvVNON, Kal MOVO yia TTiVAKEG, OIAYPANMATA K.ATT.

Kd&be amdvinon €mMICTNUOVIKA TEKUNPIWHPEVN €ival ATTOOEKTH.

Aldpkera €€étaong: Tpeig (3) WPeg YETA TN dIAVOUA TWV QWTOAVTIYPAQWYV.
Xpovog duvatng atmoXxwpnong: 10.00 ..

2ZAZ EYXOMAZTE KAAH ENITYXIA
TEAOZ MHNYMATOZ
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